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Abstract
Optical tweezers, a tool for contactless manipulation of micro- and nano-particles, are widely used
to apply and measure forces. This thesis investigates various force measurement methods and their
applications for force measurements in biological systems. Unlike position-based methods, the direct
optical force measurement technique does not require calibration of the trap stiffness. The direct force
measurement method utilises the determination of the change in the momentum of the trapping light
to measure the optical forces acting on a trapped object. This thesis has developed a method for the
measurement of the calibration constant for the force detector based on simultaneous detection of the
position of the trapped particle and the optical force. Rigorous tests of the calibration technique and
the direct force measurement method using different particles (red blood cell, vaterite, silica spheres), a
variety of trapping media (water, plasma, ethanol), and trapping beams (HG00 and HG01) have shown
its robustness and accuracy. These unique properties of the method make it highly beneficial for force
measurements in biological systems. This thesis has developed a position sensitive masked detector
for the high-speed measurement of the optical force including the measurements of the axial forces (in
the direction of the beam propagation). When combined with a position sensitive detector, which is
typically used for the radial force measurements, it allows full three-dimensional measurements of
the optical force. Finally, the direct force measurement method has been applied to study biological
systems. In the first experiment, the aging during storage of the red blood cells (RBC) is investigated
using the stretching of the cells in two optical traps. The results of the stiffness measurements show
that the stiffness of the RBCs does not change within the same morphological type. The previously
observed increase in the stiffness is linked with an increase in the number of echinocytes — a type
of RBC with higher stiffness. In the second experiment, I demonstrate the measurements of the
swimming force generated by a trapped Escherichia coli. As these bacteria are cylindrically shaped,
they orient in the trap along the beam propagation direction. A position sensitive masked detector
(with the mask for axial force measurements) measures the swimming force directly and does not
require any beam-shaping techniques to trap the bacteria horizontally.
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Chapter 1
Introduction
In 1970, in the paper by Ashkin [1], the first seminal experiments on the acceleration and trapping of
micron-sized particles were described. Further development of optical trapping techniques led to the
invention of a three-dimensional single-beam gradient optical trap [2]. The idea of optical confinement
of particles quickly spread and found applications in a variety of research areas including applications
in biological systems. These developments have led to a Nobel Prize award in 2018. Optical trapping
is a unique method for contactless manipulation of objects ranging from single atoms [3] to simple
unicellular organisms [4].
Since the beginning of optical micromanipulation, the optical force was the main parameter to
measure. Usually, the optical forces range from femto- to nanonewtons. Measurements of such small
forces are hardly achievable with other methods [5–8] but are incredibly important in the understanding
of processes on the microscale.
Despite the long story of research on such objects, many questions are still unanswered. Besides
progress in research in thermodynamics [9, 10], hydrodynamics [11, 12] and soft condensed matter
interactions [13,14] on the microscale, optical trapping has opened a new way of precisely controllable
measurements of mechanical properties in different biological systems [15]. The aim of this thesis is
the investigation of the generation and measurement of forces in optical tweezers and its applicability
to biological systems.
Most biological cells in nature are on the order of microns and tens of microns in size. The
mechanical properties of individual cells and tissues are a key parameter that define the functioning
of all single- and multicellular organisms. The study of the collective mechanics of cells reveals
important mechanisms of different stages in life cycle of the cell like mitosis (division of the cell) and
apoptosis (programmed death of the cell). These are crucial factors in understanding the formation
of cancer cells. Another important application of optical trapping is investigation of the dynamics
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of microorganisms. The study of motility properties of biological swimmers like bacteria and sperm
is often complicated. Optical tweezers allows the spatial confinement of such swimmers without
significant effect on their swimming properties [16]. Further, this allows an investigation of flagellar
functionality and its dependence on the parameters of the swimming medium. Therefore, the focus of
this thesis will be on microscale biological entities.
The design of the trapping system starts with a theoretical description of the trapping process,
including numerical simulations of the optical forces. In many optical trapping systems the force
is measured assuming a linear relationship between the optical force and the displacement of the
particle. This approximation is valid for small displacements and thus, can be characterised by a trap
stiffness (similar to Hooke’s law). A calibration of the optical trap for each trapped object is required
to determine the stiffness. Chapter 2 provides an overview of some commonly used trapping systems,
and gives a description of the design of an experimental optical trapping setup suitable for biological
microsystems and reviews various position-based calibration methods. Most of these methods are
applicable to spherical particles while biological objects usually have a non-spherical shape. Moreover,
any investigation of the mechanical properties of cells and living organisms leads to a change in the
shape due to stretching. This changes the stiffness of the trap and results in the substantial difficulties
of calibration for the force measurement. Often, to simplify a force measurement in such systems, a
spherical particle is used as a transducer. In this way, a position-based calibration techniques can be
applied. An alternative way — the direct force measurement method — allows a direct measurement
of the optical force using detection of the momentum change of the trapping light. This requires the
collection of almost all of the light scattered by the particle which adds complexity to the system.
However, the calibration of the detection system for direct optical force measurements depends only
on its optical parameters and is independent of the properties of a trapped object or medium. The
explanation of the method, its properties, and calibration technique are presented in Chapter 3.
The measurements of the optical forces in the direct force measurement method are usually
obtained using a position sensitive detector. However, these detectors are relatively slow (typically
hundreds of kilohertz) and provide only radial force measurements. While the high bandwidth of
the detector is mostly important for hydrodynamical experiments on short timescales, axial force
measurements are very useful for biological systems. For example, many bacteria have a cylinder-like
shape and, consequently, will be trapped along the beam propagation axis. For commonly used radial
force measurement methods, special beam-shaping techniques are required to orient the bacteria.
With a new position sensitive masked detector based on a digital micromirror device, both radial and
axial force measurements can be performed. Moreover, the bandwidth of this detector can be much
higher than conventional position sensitive detectors. The position sensitive masked detector for direct
17
measurements of radial and axial forces is described in Chapter 4.
Finally, in Chapter 5, the applicability of the direct force measurement method is shown for two
biological systems. The first system is a human red blood cell — the main oxygen and carbon dioxide
carrier in the body. This requires a substantial change in the shape under stress through the smallest
capillaries. Red blood cells, due to their crucial role in the body, are stored, so that blood transfusions
may be preformed. The investigation of the change in the mechanical properties of the red blood cells
during storage establishes the level of damage received by the cell. These cells are interesting because
of their unique mechanical properties.
The second set of experiments shows the measurement of the propulsion force generated by a
swimming E. coli. This rod-shaped bacterium aligns along the trapping Gaussian beam and the axial
force measurements capabilities of the position sensitive masked detector are used.

Chapter 2
Basis of force measurements in optical
tweezers
Optical tweezers became a popular tool in many areas of research and in a number of applications due
to the unique forces that are acting when this method is used. In most experiments, a force acting on a
trapped particle is a key and primary quantitative parameter to measure. Understanding the origins of
these forces is vital for any optical trapping experiment.
It was clearly established in the first experiments on optical trapping [2] that a gradient of intensity
is an important requirement for stable three-dimensional confinement of an object. The principle of
optical trapping is best explained using the ray optics approach, as it is an intuitive way of description of
optical scattering (for details about the applicability of geometric optics approximation see section 2.1).
Let’s consider a spherical dielectric particle in a focused beam that has a Gaussian distribution (see
Figure 2.1). When the center of the particle is close to the focus of the trapping light, no optical
force will be exerted on the particle as each ray will fall normally to the surface and will not refract.
If the particle is displaced out of this equilibrium position transverse to the beam propagation axis
(Figure 2.1a), the light will refract, creating a change in the momentum of the light (dashed lines show
the undeflected propagation of the rays). According to the law of conservation of momentum, the
particle will experience a force in the opposite direction. This restoring force will push the particle
back into the equilibrium position. A similar force will appear in the direction of beam propagation
(Figure 2.1b). A variation in the divergence of the beam corresponds to a change in the axial component
of the momentum and will create an axial restoring force which also pushes the particle back into
the equilibrium. Thus, the three-dimensional single beam trapping of a non-absorbing particle can
be achieved by tight focusing of a laser beam. The magnitude of both axial and radial restoring
forces acting on a spherical particle depends on its optical parameters — a higher relative refractive
19
20 CHAPTER 2. BASIS OF FORCE MEASUREMENTS IN OPTICAL TWEEZERS
(a) (b)
Figure 2.1: The radial (a) and axial (b) optical forces acting on a spherical particle in a focused laser
beam. The dashed lines show an unscattered propagation of rays.
index deflects the trapping beam at larger angles and, thus, creates a stronger restoring gradient force.
However, there is another force that influences the stability of the optical trap: the scattering force.
This force appears due to scattering of the light by the particle and, unlike the gradient force, pushes
the particle out of the center of the trapping beam. It is also responsible for a slight shift in the axial
equilibrium position in the direction of beam propagation (see Section 2.1). Therefore, the stability of
the optical trap always depends on the balance between gradient and scattering forces.
While the provided description of the trapping principle is in the ray optics approximation, the
general idea of optical gradient force due to a change in the momentum of the trapping light is valid
for any optical trapping system and forms the basis of optical tweezers.
2.1 Simulations
Simulations of the optical trapping play an important role in the development and use of any optical
trapping system. An understanding of the influence of different components on the trapping efficiency
helps in the correct choice of an apparatus, like objectives, beam-shaping devices, detectors, etc.
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Simulations are also important for the prediction of experimental outcomes and the correct analysis
of results. As forces in optical tweezers arise from the change in the momentum of the trapping
light, calculations of optical forces require a solution of the scattering problem. In fact, simulation of
optical trapping can be considered as a special case of a more general scattering problem. Except for
a few cases where the scattering can be calculated analytically, it is a complex and computationally
demanding problem to solve. There are a large number of computational methods developed to
accomplish scattering calculations. Accordingly, there are a large number of methods to simulate
an optical trap and calculate forces acting in the system. As three-dimensional trapping requires a
high gradient of intensity, simulations of optical traps are usually performed with focused beams. The
choice of the specific method depends on the geometrical and optical parameters of the particle and the
trapping beam. Figure 2.2 shows a qualitative comparison of the performance of different simulation
methods [17] in terms of accuracy and computational complexity.
Figure 2.2: Comparison of the methods for simulations of optical tweezers. Figure adapted from [17]
. Further from the centre is better. FDTD — finite-difference time-domain, FDFD — finite-difference
frequency-domain, DDA — discrete dipole approximation, EBCM — extended boundary condition
method, GLMT — generalised Lorenz–Mie theory.
Finite-difference time-domain (FDTD) and frequency-domain (FDFD) [18–20] are classes of
finite-difference methods widely used to solve partial differential equations, including Maxwell’s
equations. While these methods are similar in the representation of derivatives, they are significantly
different in the way of finding solutions. In the frequency-domain method the calculations can only be
performed at one particular frequency at a time. In the time-domain method multiple frequencies can
be calculated simultaneously. These features of the FDFD and FDTD define specific areas of their
applicability. Both methods can be applied to arbitrary particles but show moderate computational
performance (see Figure 2.2).
In the discrete dipole approximation, or DDA, method a large scattering object is represented by
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a number of small discrete dipoles with known polarisability which interact with the field and each
other. With this method the scattering by arbitrary shaped particles can be calculated. However, the
calculations of the scattering for a large particles are both time and memory consuming which makes
it more suitable for calculations for smaller individual particles.
For particles much smaller than the trapping wavelength the Rayleigh approximation can be applied.
In this approximation the particle is considered as a single dipole. The time-averaged gradient force
acting on a spherical Rayleigh particle in an optical gradient ∇I(r) is given by [21]
Fgrad(r) =
2pinma3
c
(
m2−1
m2+2
)
∇I(r) (2.1)
where nm and m are the refractive indices of the surrounding medium and the relative refractive index
of the particle correspondingly, c is the speed of light in vacuum, and a is the radius of the particle.
It is a fast, accurate and memory efficient method for subwavelength particles (a λ/10) but is
completely inappropriate for calculations of forces acting on bigger particles.
For large particles (relative to the wavelength of trapping beam) the geometrical optics approxi-
mation can be applied. The scattered field can be calculated using ray tracing. There are two main
conditions for this approximation to correctly calculate the scattering field. First, the center of the
beam should be kept away from the surfaces as geometrical optics does not correctly describe the
intensity distribution in the focal spot. Second, the particle should not have small geometrical features
which may create strong interference effects as they will not be appropriately accounted for. If these
requirements are fulfilled, the geometrical optics approximation becomes a powerful time-efficient
tool for optical force calculations. A computational toolbox for optical tweezers in geometrical optics
has been realised in Matlab [22]. Figure 2.3 shows an example of the radial (Figure 2.3a) and axial
(Figure 2.3b) force distributions for a spherical particle (d = 6µm, np = 1.50) that is trapped in water
(nm=1.33) by a focused Gaussian beam.
The equilibrium in the xy plane coincides with the geometrical center of the particle while the axial
equilibrium is slightly shifted in the direction of beam propagation. This happens due to scattering
of the trapping light by the particle which creates the scattering force. This force pushes the particle
in the direction of beam propagation and, depending on the optical properties, can greatly affect the
stability of the optical trap.
2.1.1 Full-wave methods and T-matrix formulation
The most common size of particles used in optical tweezers lies in between the Rayleigh and geometri-
cal optics approximations — within a size of a few wavelengths. For such particles a full-wave solution
of Maxwell’s equations should be considered. For spherical particles the generalised Lorenz–Mie
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(a) (b)
Figure 2.3: Simulations of the radial (a) and axial (b) forces acting on a spherical particle in the
geometrical optics approximation [22]. The particle (d = 6µm, np = 1.50) is trapped in a Gaussian
beam in water (nm=1.33). The length of the arrows corresponds to the magnitude of force. The shaded
area depicts the particle.
theory (GLMT) [23, 24] effectively describes the scattering process (there are versions of GLMT
for non-spherical particles as well). Therefore, GLMT is usually the best choice when dealing with
spherical objects [17].
An incident and scattered field can be represented in terms of discrete basis sets of functions ψ incn
and ψscatk :
Einc =
∞
∑
n
anψ incn
Escat =
∞
∑
k
pkψscatk
(2.2)
where an and pk are the expansion coefficients for the incident and scattered waves correspondingly. If
the response of the particle is linear, the relationship between the expansion coefficients will also be
linear and can be written as:
p = Ta (2.3)
where T is a transition matrix (T-matrix), and p and b are vectors of expansion coefficients. Thus, if
the T-matrix of a particle is known, the coefficients of the expansion of the scattered field can be easily
found from the expansion coefficients of the incident wave. The vector spherical wavefunctions can be
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used as a basis to expand the incident and scattered fields [25]:
Einc(kr) =
∞
∑
n=0
n
∑
m=−n
anmM
(3)
nm(kr)+bnmN
(3)
nm(kr),
Escat(kr) =
∞
∑
n=0
n
∑
m=−n
pnmM
(1)
nm(kr)+qnmN
(1)
nm(kr),
(2.4)
where M(1,3)nm and N
(1,3)
nm are the vector spherical wavefunctions [25]:
M(1,2)nm (kr) = Nnh
(1,2)
n (kr)Cnm(θ ,φ),
N(1,2)nm (kr) =
h(1,2)n (kr)
krNn
Pnm(θ ,φ)+Nn
(
h1,2n−1(kr)−
nh(1,2)n (kr)
kr
)
Bnm(θ ,φ),
M(3) =
1
2
(
M(1)+M(2)
)
,
where h(1,2)n (kr) are spherical Hankel functions of the first (1) and second (2) kind, Nn are normalisation
constants, Cnm(θ ,φ) = ∇× (rY mn (θ ,φ)), Pnm(θ ,φ) = rˆY mn (θ ,φ), Bnm(θ ,φ) = r∇Y mn (θ ,φ) are the
vector spherical harmonics expressed in terms of normalised scalar spherical harmonics Y mn (θ ,φ), r,
θ and φ are radial distance, polar and azimuthal angles correspondingly, k is the wavevector of the
beam. While these expansions of the fields contain an infinite number of terms, in practice a series
will be truncated at some nmax. The nmax depends on the parameters of the trapping beam and the
size of a particle. As a general rule, it can be calculated as nmax = kr0+3
3
√
3kr0, where r0 is a radius
of the scatterer [26]. For a given particle, the T-matrix depends only on its parameters and not on
the parameters of trapping beam. There are methods to perform rotations and translations [27–29]
of the T-matrix which gives the ability to use it for different locations and orientations of the particle
in the trap. This makes possible computationally efficient simulations of the dynamics of a trapped
object. While generalised Lorenz–Mie theory can be used to calculate a T-matrix for a spherical
particle, the extended boundary condition method (EBCM) was developed as a method of calculating a
T-matrix [30] for non-spherical particles. However, the EBCM is restricted to isotropic homogeneous
particles as the field within the particle is expanded into regular vector spherical wavefunctions. In
principle, any of the methods described here can be used to calculate a T-matrix and the choice of
a particular method depends on the particle size and complexity. The use of a T-matrix method is
justified when it can be reused, for example in simulations of Brownian motion of a particle in the trap.
An implementation of the T-matrix approach with various methods for T-matrix calculations is
implemented in the optical tweezers toolbox [31]. An example of simulations of the force acting on a
spherical particle in a Gaussian trapping beam is shown in Figure 2.4.
It should be noted that in these simulations, the efficiency Q (a force per photon) is used. If the
force in newtons is required it can be easily obtained as:
F =
QnmP
c
, (2.5)
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Figure 2.4: Optical force simulations using optical tweezers toolbox [31]. Radial (a) and axial (b)
force efficiencies on optically trapped spherical particle (d = 2λ , n = 1.5) in water (nm = 1.33) in a
Gaussian trapping beam (NA = 1.2).
where nm is the refractive index of the medium, P is the power of the trapping beam, and c is the
speed of light in vacuum. Similarly to the simulations in the geometrical optics approximation, the
radial equilibrium (Figure 2.4a) coincides with the center of the particle while the axial equilibrium
(Figure 2.4b) is slightly shifted in the direction of beam propagation due to the scattering force.
2.2 Experimental implementation of optical tweezers
There is a large variety of different types of optical trapping systems. The main requirement in most
trapping configurations is the strength of the gradient of intensity which produces a restoring force.
The most popular techniques for optical trapping include: single and counter-propagating beam traps,
holographic optical tweezers, fibre-based tweezers, and optical traps formed by evanescent fields.
Single beam optical trap. This is one of the simplest and most commonly used systems for optical
trapping. A laser beam is focused by a high-NA objective (Figure 2.5a). The highest gradient of the
intensity is achieved near the focus of the beam. The balance between the gradient and scattering
forces defines the stability of the trap.
Holographic optical tweezers. In holographic optical tweezers (Figure 2.5b) phase and amplitude
modulators are used to create multiple spots in the trapping region and/or non-Gaussian structured light
beams. For the phase modulation a liquid crystal spatial light modulator (SLM) (see section 2.2.1 for a
detailed description) is used in a phase-only operation mode. On the other hand, a binary amplitude
modulator — a digital micromirror device (DMD) (see Chapter 4) — performs amplitude modula-
tion [32]. While phase-only modulators provide excellent power efficiency, amplitude modulators,
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(e)
Figure 2.5: Optical trapping configurations. (a) Single beam optical trap. (b) Holographic optical
tweezers. A diffraction element is used to create multiple traps. (c) Counter-propagating trap created
with two objectives. (d) Tapered optical fibre creates an optical trap in evanescent field. (e) Double
nanoholes structure creates an optical gradient at the sharp edges when illuminated. These images are
for illustration purposes only and do not include an accurate intensity distribution.
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such as a DMD, although they do not have high efficiency, show great dynamical properties allowing
fast switching between holograms. Holographic optical tweezers are also a popular choice for optical
trapping setups. They add important features to optical tweezers like advanced dynamic control of
particles through various beam shaping methods which generate complex fields in the trap. Moreover,
the ability to perform aberration correction with holographic optical tweezers together with beam
shaping techniques can improve the optical trap stiffness and increase its efficiency [33].
Counter-propagating beams. An increase in the trapping force can be achieved using counter-
propagating beams. The trapping can be realised by using two objectives with aligned optical
axes [34, 35] (as shown on Figure 2.5c) or by using a mirror to utilise the scattered beam [36]. In the
first case, the usage of two beams allows the reduction of the NA of the trapping objectives which,
in turn, increases the objectives’ working distance. This may be an important advantage for optical
trapping when used deep in biological samples. A counter-propagating trap can also be created in
hollow fibres [37–39] to allow long-range transport of the particles. In the second case, stronger optical
trapping is realised by reflecting the transmitted beam. For example, one can create an optical trap next
to a mirror [40]. Interference of the incident and reflected beams creates regions with high intensity
which are used to trap microscopic objects. However, the presence of an object in the trap changes the
interference conditions which will also change the optical trapping efficiency. Alternatively, a phase
conjugate mirror [41] can be used to focus the scattered beam on the particle [42, 43].
Trapping using evanescent fields and plasmonic nanostructures. Another way of creating an
optical trap is by using an evanescent field and various nanostructures to enhance the gradient of
the intensity. An evanescent field is an exponentially decaying field which creates a large gradient
that is created within a subwavelength region. It is often created due to total internal reflection. A
tapered fibre can be used to create an evanescent field which can trap micro- and nanoparticles (see
Figure 2.5d) [44]. Nanostructures with sizes smaller than the trapping wavelength can also enhance
optical trapping by utilising a surface plasmon resonance to increase the local field strength [45–48].
While these systems are much more complex than single beam or counter-propagating optical tweezers,
they allow effective trapping of nanoparticles and biomolecules, which is often hard to achieve in
conventional optical tweezers. Due to the highly localised optical field in such trapping configurations,
the gradient force is large enough to overcome the Brownian motion of the trapped objects.
2.2.1 Design of the experimental setup
As optical trapping systems vary in different experiments according to the specific use, each chapter of
this thesis will contain a description of the particular configuration used in the presented experiments.
As the primary aim of this thesis is measurements of forces in biological systems, which are mostly
28 CHAPTER 2. BASIS OF FORCE MEASUREMENTS IN OPTICAL TWEEZERS
in a micron range of sizes, three-dimensional single and multi-beam optical trapping systems with
holographic control of the beam are used. This section will contain a description of common elements
which are present in most of the performed experiments.
A typical setup for optical micromanipulation with holographic control of the trapping beam is
shown in Figure 2.6. The setup represents an inverted microscope with a trapping laser introduced
Figure 2.6: Setup for optical trapping with holographic control of the beam using a spatial light
modulator (SLM). DM1 is a dichroic mirror, LED is a light-emitting diode.
into the system using a dichroic mirror DM1. The laser beam is modulated by the phase-only spatial
light modulator to create a desired intensity distribution in the focal plane (such as multiple traps and
non-Gaussian modes). Illumination from a light-emitting diode (LED) is concentrated onto a sample
by a condenser. A high-speed camera is used to observe the trapping region and to track the trapped
particle.
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The choice of the trapping wavelength depends on the specific applications, but commonly a
wavelength of 1064nm is used — an infrared emission line of the widely used neodymium-doped
yttrium aluminium garnet (Nd:YAG) laser. This wavelength lies within the near-infrared optical
window in biological tissues which makes optical tweezers suitable for biological experiments by
avoiding overheating in the trap and maximising the penetration depth of the laser beam. In fact, a
wavelength of 800–900nm is usually a better choice for biological systems as the absorption in this
range is even smaller, but the lasers (usually Ti:sapphire) are less common (but still widely used).
Control of the beam is performed with a spatial light modulator (SLM) — a liquid crystal-based
device. An SLM consists of an array of cells with electrodes. As the electric field changes, the
molecules of the nematic liquid crystal reorient in the cell and align along the lines of electric field.
Such a system acts as an uniaxial crystal with an electrically controlled orientation of the optical axes
and thus, control of the refractive index for a given linearly polarised light. Therefore, SLMs are
able to produce a phase modulation of the incoming beam by individual control of each pixel in the
array. To transfer the phase modulation into amplitude variations in the trapping region, phase-only
modulators are used in a Fourier plane of the lens (which often coincides with a focal plane). In optical
trapping systems, the objective is a Fourier transforming lens which creates a desired light distribution
in the sample. The advantage of phase-only modulators for optical trapping over amplitude modulators
is in significantly higher power efficiency as the light is not absorbed or deflected but redirected into
required locations with high diffraction efficiency.
The objective is the most important part in the design of the system. Usually a high-NA objective
is required to achieve three-dimensional trapping. Various aberrations in the optical systems distort the
optical beam and decrease its performance. While a spatial light modulator is capable of correcting
most of the aberrations, it is desirable to minimise these aberrations in the design of the system. The
trapping region is the most vulnerable to aberrations part as it is created by a high-NA objective and
contains several layers of different materials which form a sample chamber. If the trapping is performed
mostly in water (or in a medium with a similar refractive index), a water immersion objective will
show the best performance due to the match in refractive indices of immersion liquid and trapping
medium. This allows trapping deep in the sample without significant distortions of beam in the focal
region [49].
Visual control of experiments is performed by imaging the sample onto a camera. Tracking of
the trapped objects can be realised with position sensors such as a quadrant photodetector and lateral
position sensitive detectors (see Chapter 3 for more details). However, the particle can be tracked
directly using the imaging camera. To achieve a bandwidth of 5–10kHz for the position detection
a high-speed camera is used. The experiments in this chapter are performed on spherical particles;
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therefore, we can restrict the algorithm of the image recognition to spherical objects. Other algorithms
for determination of the position of non-spherical particles will be introduced in the later chapters.
The most straightforward way to find the position of a spherical particle is to calculate the centroid of
the whole image. However, the background of the image should be removed prior to the calculations
by setting a threshold level; otherwise, any bright object that appears in the background will change
the calculated centroid dramatically. A different and more complex algorithm can be found in [50].
This algorithm calculates the centroid by finding the best-fit radial symmetry center. It depends on the
gradient of the intensity and thus can be used for images with non-zero background.
As the aim of this thesis is an investigation of force measurements in biological systems, the
optical setup was designed to fit the requirements of such systems. An ytterbium doped fibre laser
(YLR-10-1064-LP, 10W, 1064nm, IPG Photonics) and a high-NA objective (Olympus UPlanSApo
60×, water immersion, 1.2 NA) are used to ensure low absorption and to obtain minimal aberrations
in the trapping region. The position measurement was performed using a high-speed CMOS camera
(Mikrotron MC1362, 1280× 1024), running at 5000 frames per second. The radial displacements
of the particle was determined by tracking the position of the centroid of the particle through image
analysis.
2.3 Force measurements
The most common method of force measurement in optical tweezers is through position detection.
When a particle is trapped within a linear region of the force, we can assume that the trap is Hookean
and can be characterised by a spring constant k:
Fx =−kx, (2.6)
where x is the displacement of the particle from the equilibrium. Thus, if the trap stiffness k is known,
we can measure the displacement of the particle and calculate the force. To find the trap stiffness of
the optical trap we need to perform a calibration by using another known force, e.g., viscous drag
force, statistics of Brownian motion, etc. It should be noted that this calibration will be specific to each
particle, surrounding medium, and trapping beam, and recalibration will be required if one of those has
changed. There are a number of methods to perform this calibration. Below, the description of the most
popular methods of calibration is given: using the equipartition theorem and Boltzmann statistics [51],
by analysing the power spectrum [52, 53], and finally, by using drag force measurements [54, 55].
Another method for optical force measurements by detection of the change of the momentum of
the scattered light will be described in details in Chapter 3.
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2.3.1 Equipartition theorem
The equipartition theorem [56–58] states that in a physical system at thermal equilibrium the energy is
equally distributed among the degrees of freedom and equal to 1/2kBT per degree of freedom (kB is
the Boltzmann constant, and T is the absolute temperature of the system). Thus, the calibration of the
optical trap can be performed using the statistical distribution of the position of the particle in the trap.
Assuming that the optical trap is linear:
1
2
k〈x2〉= 1
2
kBT −→ k = kBT〈x2〉 , (2.7)
where k is the stiffness of the optical trap, x is the displacement, and 〈x2〉 is the variance of the
position of the particle. This method is independent of the size of the trapped particle, viscosity
of the medium and not sensitive to small fluctuations in the temperature. However, the noise in
the measurement system increases the measured distribution of the displacement of the particle and
therefore, underestimates the trap stiffness [59].
2.3.2 Power spectrum
In a power spectrum calibration method the trap stiffness is estimated from the predicted power
spectrum of the position of the particle in the optical trap. There are two types of calibration methods
using the power spectrum [60]: passive [52, 61] and active [62, 63]. In a passive calibration method
the optically trapped particle undergoes only Brownian motion which is described by the Langevin
equation [64]:
m
d2x
dt2
=−γ dx
dt
− kx(t)+
√
2kBT γ W (t) , (2.8)
where m is the mass of the trapped particle, x is its position, γ is the damping coefficient (γ = 6piµR for
a spherical particle with a radius R in a liquid with a dynamic viscosity µ),
√
2kBT γ W (t) represents
a random Brownian force. As the characteristic time of the loss of kinetic energy of the particle is very
low, the inertial term md
2x
dt2 in equation 2.8 can be dropped [52]:
dx
dt
+2pi fcx(t) =
√
2kBT
γ
W (t) , (2.9)
where fc ≡ k/(2piγ) is a corner frequency.
The power spectrum Sx( f ) of the position of the trapped particle is described by a Lorentzian
function [65]:
Sx( f ) =
kBT
2γpi2 ( f 2c + f 2)
. (2.10)
where f is the frequency in hertz.
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Thus, the corner frequency (and accordingly the trap stiffness) can be found by fitting a Lorentzian
function to the measured power spectrum of the position distribution of the particle. A detailed
description of the method, including discussion on the aliasing and cross-talk in the detection system,
can be found in [52] and [61]. Figure 2.7 shows a power spectrum of a trapped silica particle
(d = 1.7µm) in water (µ = 0.9mPa · s). The calibration constant can be found using a Matlab program
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Figure 2.7: Calibration of the optical trap using the power spectrum method [52]. The corner frequency
is estimated from the Lorentzian fit (equation 2.10). The trap stiffness is calculated (see equation 2.9)
from the parameters of the trapped spherical particle (silica, d = 1.7µm in water, µ = 0.9mPa · s)
available in reference [66] which includes cross-talk, aliasing and low-pass filtering corrections.
The usage of a frequency space for the determination of the trap stiffness has the advantage
of the possibility to remove some resonant frequencies (e.g., stage oscillations). Also, the power
spectrum method is less sensitive to noise in the measurements than the equipartition method. However,
knowledge of the size of the particle and the viscosity of the medium is required. This method is
also sensitive to temperature changes (through the temperature dependence of the viscosity) and the
presence of other surfaces (which also influence the viscosity).
Most of the disadvantages of the passive method can be overcome by using the active calibration
method. In this method, instead of measuring the thermal motion, an external sinusoidal force is
applied to oscillate the particle in the trap (by moving either the stage, or the trapping beam). The
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power spectrum of the position of the particle becomes [53]:
Sx( f ) =
kBT
γpi2 ( f 2c + f 2)
+
A2
2
(
1+ f 2c / f 2drive
)δ ( f − fdrive) , (2.11)
where A and fdrive are the amplitude and frequency of the oscillation respectively. Thus, the corner
frequency can be found by measuring the power at the driving frequency (the second term in equa-
tion 2.11). The viscosity of the medium is estimated by fitting a Lorentzian function to the power
spectrum. Then, the trap stiffness is calculated as:
k = 2piγ fc. (2.12)
As both the viscosity γ and corner frequency fc are determined simultaneously, the active calibration
method does not require prior knowledge of the viscosity.
2.3.3 Boltzmann statistics
The Boltzmann statistics method relies on calculations of the potential of the optical trap from the
position distribution of the particle. Boltzmann statistics describes the probability of finding a particle
in a scalar potential U(x) at the equilibrium temperature T as [67]:
p(x) =
1
Z
e−
U(x)
kBT , (2.13)
where Z is the partition function. This distribution can be found by binning the position distribution of
the particle into a histogram (see Figure 2.8a). Next, the potential of the optical trap can be determined
as:
U(x) =−kBT ln p(x)+ kBT lnC. (2.14)
Figure 2.8b shows the resultant potential for a spherical silica particle (d = 1.7µm). Finally, the force
acting on the particle is calculated from the measured potential:
F(x) =−dU(x)
dx
. (2.15)
Now, the calibration constant can be found from the linear fit to the calculated force–position curve
(Figure 2.8c).
Besides the noise in the measurements, the accuracy of the Boltzmann statistics method also
depends on the resolution of the histogram. While an increase in the resolution (a decrease in the size
of the bin) improves the accuracy of the estimation of the potential, it also reduces the number of
measurement points in each bin which increases the statistical error. This will, in turn, increase the
error in the force calculations which will be amplified by the differentiation. Thus, there is an optimal
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Figure 2.8: (a–c) Particle in a single-beam trap. (d–f) Particle in a double-beam trap. (a,d) Position
distribution of the trapped particle undergoing Brownian motion. (b,e) Potential of the optical trap.
(c,f) Force–position curve calculated by differentiation of the potential distribution.
histogram resolution when using Boltzmann statistics [68]. Also, the particle has a lower probability
of being at the edges of the trap, resulting in poor edge statistics.
The main drawbacks of this method are limited resolution and poor edge statistics while the
advantages are similar to the equipartition method — independence of the viscosity and particle size,
and low sensitivity to the variations of the temperature. However, the Boltzmann statistics method,
unlike the equipartition method, does not require the assumption of trapping in the linear region of the
force. Thus, besides trap stiffness measurements, it can also be used to determine the force–position
curve. Figure 2.8d – 2.8f show measurements of the force–position curve for a particle in a double
trap. This trap was formed by two closely located Gaussian beams. Each beam was repeatedly blocked
with a shutter, so only one trap exists at a time. This results in double peaks in the position distribution
(Figure 2.8d). Due to the statistical nature of the method, the particle “sees” the trap as a double well
(Figure 2.8e). The Boltzmann statistics method allows the correct determination of such a complex
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force field and the stiffnesses of both traps can be determined (Figure 2.8f). It should be noted that the
force measured with this method corresponds to the total force acting on the particle. While a constant
force will appear as a shift of the potential distribution, a changing force will distort the potential and,
thus, the measured force. Therefore, all forces with sufficient gradient within the range of the thermal
motion of the trapped particle should be avoided.
2.3.4 Drag force
A fluid drag force can be used to calibrate the optical trap. A spherical particle in a Stokes flow
experiences a drag force:
Fdrag =−6piµRV, (2.16)
where µ is the viscosity of medium, R is the radius of particle, and V is the velocity of the trapped
particle relative to the fluid. The drag force shifts the particle out of the equilibrium point (Figure 2.9a).
This calibration method requires a piezo or motorised stage to apply a drag force using a constant flow
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Figure 2.9: Drag force calibration method. (a) Trapping geometry. Particle is displaced out of the
equilibrium by the fluid drag force (b) Position of the particle in the optical trap.
of the liquid. If particle remains in the linear region of the optical force and all the parameters in the
equation 2.16 are known, the trap stiffness can be found by measuring the displacement of the particle:
k =−Fdrag
∆x
=
6piµRV
∆x
. (2.17)
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Figure 2.9b shows a calibration using an optically trapped spherical particle (silica, d = 2.0µm) in
water (µ = 0.9mPa · s). The stage is moved at V = 100µm/s. The measured stiffness of the trap is:
k = 7.37±0.05pN/µm.
The drag force calibration method, similar to the power spectrum method, requires prior knowledge
of the viscosity and thus, is sensitive to a temperature variations. However, this method can be applied
to non-spherical particles as long as the particle is not changing its orientation during the motion of the
stage and the dependence of the drag force on a fluid velocity is known (which in many practical cases
can pose a difficulty).
2.4 Summary
Optical tweezers is a versatile tool for applying and measuring forces in various micro- and nanosys-
tems. The restoring force, which is required to create a stable trap, appears as the optical gradient
force due to a change of the momentum of the light. Simulations of optical trapping experiments often
require a full-wave solution of Maxwell’s equations as the typical size of trapping objects lies within
few wavelengths of the trapping beam. Therefore, the extended boundary condition method, discrete
dipole approximation method, or volumetric methods like finite-difference time- and frequency-domain
methods have to be used. However, when the size of a particle is much smaller or much bigger than
the trapping wavelength, the Rayleigh or ray optics approximations can be applied respectively. For
simulations of dynamics of a particle in the trap or for exploring a distribution of the forces in the trap
a T-matrix approach shows the best performance. A great advantage of the T-matrix formulation of
scattering is that it can be reused for different locations and orientations of the particle relative to the
beam and therefore, greatly decreases the computational time. A number of computational toolboxes to
perform these calculations is freely available, including a specific to optical trapping optical tweezers
toolbox and a computational toolbox for optical tweezers in geometrical optics.
The forces in optical tweezers are in the piconewton range and can be applied to biological systems
without mechanical contact. While there are many trapping configurations, single- and multi-beam
optical tweezers with holographic control of the trapping beam are often a good choice for micron-sized
cells and living organisms [69, 70].
Measurements of the forces using the position of the particle in the trap can be performed in a
linear range of the force–position curve. However, a calibration for each particle in the trap is required.
There are a number of methods to perform this calibration. Statistical methods like the equipartition
(using equipartition theorem) and Boltzmann statistics methods rely on the known position distribution
of the trapped particle. These methods are independent of the size of the particle and viscosity of
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the medium. However, being statistical methods, they are vulnerable to noise in the measurement
system which may lead to an underestimation of the trap stiffness. In the power spectrum method
some sources of the noise can be suppressed as calculations are performed in the frequency domain.
Unlike the statistical methods, the power spectrum method requires prior knowledge of the viscosity
of the medium and, therefore, is very sensitive to small variations in the temperature. Alternatively, a
drag force can be utilised to perform the calibration. The final decision on the particular calibration
method of the optical trap depends on the particular properties of the experiment.
The following publication has been incorporated as Chapter 3.
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Chapter 3
Direct optical force measurements
3.1 Introduction
The methods for the force measurements introduced in the Chapter 2 — power spectrum method,
equipartition method and drag force calibration — are based on the determination of the trap stiffness
using position measurements. However, to convert the position of the trapped object into a force, a
calibration is required. This involves a measurement of the trap stiffness for each particle, beam shape
and trapping medium. Moreover, such methods assume a linear dependence of the force with the
position of the trapped particle and thus, are restricted mostly to small displacements.
Another method is to measure the change in the momentum of the light scattered by the particle
[34, 71]. The optical gradient force arises from deflection of the transmitted beam by the particle. This
changes the momentum flux of the beam, which, by conservation of momentum, results in an optical
force acting on the particle [2]. The important requirement for exact measurement is the collection
of all of the scattered light, but in practice, it is not feasible to collect the light at all possible angles.
However, it was shown that for most particles used in optical tweezers, light is mainly scattered in the
forward direction [72] and a condenser with a high numerical aperture will be able to collect most of
this light. Also, the accuracy can be improved by detecting the back-scattered light which is especially
important for the determination of the axial force [73]. Alternatively, a dual-beam optical trapping
system [34] can use low-NA objectives which reduce the scattering at large angles. As this method is
based on the detection of the momentum of the light, it is independent of the physical properties of
particles or media used and thus calibration-free.
Let us consider an optical trap formed by an objective lens (Figure 3.1). The scattered light is
collected by the condenser lens. The components of the momentum of a ray which is scattered at a
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polar angle θ and azimuthal angle φ are:
p =

px
py
pz
=

psinθ cosφ
psinθ sinφ
pcosθ
= p

x
CA
y
CA√
1− x2+y2
C2A
 , (3.1)
where CA = r/sinθ is a constant of the condenser (Abbe sine condition), r is a radial distance
from the optical axis in the BFP, x and y are coordinates in the back focal plane (BFP).
BFP
p
r
θ φ
y
x
Objective Condenser
Figure 3.1: Scheme of the direct force measurement. The sample chamber is omitted for clarity. The
angular distribution of the scattered light is transferred to the transverse distribution in the back focal
plane (BFP) by the condenser lens.
Unlike the paraxial ray optics approximation, for a real optical system (which often includes a
high NA condenser and objective) the mapping of the angular distribution of the scattered light to the
transverse distribution is not maintained for an arbitrary plane. However, if the condenser satisfies the
Abbe sine condition [74] (which is the case for the objectives with correction for spherical aberrations),
the mapping will be correct in the BFP of the condenser. Thus, the force, F, can be determined from
the light distribution in the BFP of the condenser by integrating over all collected rays [73]:
F =

Fx
Fy
Fz
= HCA

∫∫
I(x,y)xdxdy∫∫
I(x,y)ydxdy∫∫
I(x,y)
√
C2A− (x2+ y2) dxdy
−F0, (3.2)
where I(x,y) is the light intensity distribution in the detector’s plane, H is the constant which includes
magnification of the optical system and all absorptions/reflections in the optical elements, and F0
corresponds to the momentum flux of an empty trap [34, 71–73].
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(a) (b) (c)
Figure 3.2: Position detectors: (a) Duo-lateral position sensitive detector (PSD). (b) Quadrant pho-
todetector (QPD). (c) Camera.
By definition, the (normalised) centroid of the pattern is:
(X ;Y ) =
(∫∫
I(x,y)xdxdy∫∫
I(x,y)dxdy
;
∫∫
I(x,y)ydxdy∫∫
I(x,y)dxdy
)
. (3.3)
The radial components of the force (x and y) are proportional to the unnormalised centroid (i.e. the
numerator in the equation 3.3) of the pattern (see equation (3.2)) which is proportional to the total
power of the beam.
As can be seen from equation (3.3), the information about the position is contained in the numerator
and the denominator represents the total power which is position independent. Thus, to measure
the radial optical forces, position detectors are used. The detector has to generate a signal S ∝∫∫
I(x,y)xdxdy. The light filtered by this linear modulation is also proportional to the unnormalised
centroid of the pattern P− ∫∫ I(x,y)xdxdy, where P is the total power of the beam, so often, to obtain
the maximum signal-to-noise ratio, both signals are measured and subtracted. The input signal of the
centered beam is divided into two equal parts with each part proportional to the displacement of the
beam but with opposite signs. When the beam is moved out of the center of the detector, the balance
between the parts is also changing proportionally to the displacement.
3.2 Detectors for direct optical force measurements
There are three types of position detectors which may be potentially used for such direct force
measurements: position sensitive detectors (PSDs), split detectors (SD) and cameras (Figure 3.2).
3.2.1 Position Sensitive Detectors
The position sensitive detector (PSD) consists of a photodetector with resistive layers on the front
(tetra-lateral) [75, 76] or both front and back (duo-lateral) [77] sides (Figure 3.2a). The position
measurements along one axis requires a set of two electrodes placed near the opposite edges of a
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rectangular photodiode [78]. In these devices, the measured signal at each electrode is proportional
to the photoresistance current that changes as a function of position. Another set of two electrodes
near the orthogonal edges allows the measurements in two axes simultaneously. The output from the
detector is:
SPSD = S+PSD−S−PSD =ℜG
L∫∫
−L
I(x,y)xdxdy, (3.4)
where 2L is the length of the detector, S+PSD and S
−
PSD are signals from the electrodes on the opposite
sides of the detector, ℜ and G are the responsivity and transimpedance gain of the detector, respectively.
These detectors are relatively slow (the bandwidth is typically on the order of tens of kHz) due to
large surface areas, but provide excellent linearity and the output is independent of the spot shape and
size [79]. This makes these detectors an excellent choice for direct force measurement in the directions
transverse to the beam propagation.
3.2.2 Split detectors
Another class of detectors, often called split detectors, uses spatial sampling of light to obtain signals.
In split detectors, light is separated by a sharp edge into two beams and the power of each is measured.
Quadrant photodetectors (QPD) are 2-D examples of the split detector (Figure 3.2b). They consist of
four photodetectors — each one makes up a quadrant of the detector. Each segment can only measure
the light impinged on itself. Thus only a part of the intensity distribution can be measured with the
difference between two sets of signals (for each axis) becoming the ‘position’ of the spot. However,
this is true only for some types of distributions. In a general case the signal is:
SSD = (SASD+S
B
SD)− (SCSD+SDSD) =ℜG
(
L∫∫
0
I(x,y)dxdy−
0∫∫
−L
I(x,y)dxdy
)
, (3.5)
where SA,B,C,DSD are the signals from the quadrants. This signal is not equal to the centroid and will be
proportional to the small displacement of the beam for some light distributions. Also, the output will
depend on the size of the spot.
These detectors are often used for particle tracking purposes, including high-speed measurements
[80], but they are not the best choice for the direct force measurements. The light distribution in the
back focal plane of the condenser is irregular [72] and the size of the spot is continuously changing
due to the axial part of Brownian motion of the particle, which means that split detectors are difficult
to use.
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3.2.3 Camera
The third type of the position detectors are CCD and CMOS cameras (Figure 3.2c) which consist of an
array of photodetectors [81]. The image of the light distribution is recorded and the required parameters
of the beam can be calculated in a post-processing step using a variety of numerical methods. This
type of position detector offers good linearity and can be used with any spatial distributions of the
recorded signal. Unlike the other detectors described here, they can also be used for axial force
measurements [73].
3.3 Setup for direct force measurements
The setup for optical trapping with direct force measurements is shown in Figure 3.3. The trapping
Figure 3.3: Optical setup for force measurements. Dichroic mirrors (DM) are used to separate the
trapping light and illumination (LED). Lenses L1 and L2 form a telescope to image the back focal
plane of the condenser to the PSD. The inset shows the PSD alignment procedure using SLM (not
shown in the setup for clarity). Curves show optimal, under- and overshot positions (signal amplitudes
are shifted for better visibility).
system consists of a laser beam (IPG Photonics YLD-5 fiber laser, 1070 nm) which is expanded to
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fill the back aperture of the objective (water immersion 60×, NA 1.2). A spatial light modulator
(SLM) is used in a phase-only mode for alignment and generation of the required spatial distribution
of the light in the trap. Collimated light is focused onto the sample chamber made from two cover
glasses separated by double-sided tape. Dichroic mirrors (DM1 and DM2) separate the trapping
beam from the illumination beam. Light scattered by the particle is collected by a condenser (silicon
oil immersion 100×, NA 1.35) with a high numerical aperture to collect as much light as possible
including rays scattered at large angles. To detect the angular distribution of light the PSD (On-track
PSM2-10 with OT-301DL amplifier) is placed in the BFP of the condenser (Fourier plane). As usually
this plane is physically unreachable for the detector, it can be imaged by a relay lens (single lens
with 2F object-lens/lens-image distance) or by a telescope (two lenses with matched focal planes). In
this work, the telescope system (L1 and L2) is used as it is a preferable configuration when a much
lower sensitivity to a mispositioning of the detector is required. In a relay lens configuration the
beam after the lens is converging and even a small displacement from the Fourier plane along the
beam propagation will cause a large variation in the signal. In contrast, in the telescope system the
beam is collimated and relatively robust to displacements. To position the detector I used the Abbe
sine condition to find the correct plane (inset in Figure 3.3). If there is no particle in the trap, the
maximum angle at which the light is reaching the condenser is defined by the NA of the objective.
If we displace the beam in a direction orthogonal to the beam propagation direction, the condenser
with a spherical aberration correction will focus the beam to the same position in the back focal plane.
Thus, there will be no visible displacement of the beam. A spatial light modulator is programmed
to continuously oscillate the beam. This results in a triangular profile of the beam position available
from the PSD. By moving the PSD along the beam we are looking for the position with the smallest
measured displacement (inset in Figure 3.3). A CMOS camera (Mikrotron MC1362, 1280×1024) is
used to track the position of the particle.
To get synchronised image-grab and PSD data capture a program in LabView was developed.
Synchronisation is achieved by generating a pulse train using a data acquisition card’s (NI-PCIe-6351)
built-in timer which is used as a trigger for a series of PSD measurements and as a timer for image
grabbing. A high-speed CMOS camera is capable of acquiring (FrameGrabber NI-PCIe-1433) images
at 5kHz framerate with a low level of lost frames (< 0.5%). The PSD’s maximum readout rate is
15kHz. Thus, the measurement of one camera frame corresponds to three data points from PSD.
Camera calibration is performed by tracking the particle’s motion with known displacement. A
particle stuck to the slide is moved by the piezo stage (PI P-563.3CD). The ratio of the actual distance
to the number of pixels is a camera calibration coefficient. A series of measurements was averaged to
suppress the noise in the camera calibration constant Ccam = 0.170±0.003pxl/µm.
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The x and y positions of the particle were determined by analysing its image with an algorithm for
tracking the center of radially symmetric objects [50] (see Chapter 2).
3.4 Calibration of force detectors
The direct force measurement (DFM) does not require a calibration for each trapped particle. However,
an initial determination of the calibration constant which will transform the detector’s output from
volts into newtons is required. One way is to precisely measure all the geometrical parameters
and transmission coefficients of the detection system and calculate the calibration constant [72].
Alternatively, it can be measured directly by using a known force acting on trapped particle. This
simplifies calculation of the calibration constant if optical paths of the detection system have changed,
e.g., the change of the focal distance of the condenser due to heating from a high-power trapping laser
or intentional heating of the condenser in order to comply with biological experiments’ requirements.
This calibration is absolute due to the nature of the method and will work for a wide variety of particles
and environments. The calibration coefficient needs only be updated when the optical paths change or
components in the detection system have been moved or replaced. It remains constant if the particle,
medium or even the shape of the trapping beam has been changed.
The position distribution of a particle in the trap will follow the Boltzmann distribution:
P = exp
(
−U(x)
kBT
)
, (3.6)
where kB is Boltzmann’s constant, T is the absolute temperature, U(x) is the trapping potential, and x
is the position of the particle. For calibration I assume that trap is linear, with the force being F =−kx,
where k is the trap stiffness. The trapping beam, trapping power, and trapped particle can be chosen to
make this an accurate assumption; after calibration these restrictions are not needed. For a linear trap,
U(x) =
1
2
kx2, (3.7)
and the particle position distribution is
P = exp
(
− kx
2
2kBT
)
. (3.8)
This is a normal (Gaussian) distribution described by
P = exp
(
− x
2
2σ2
)
. (3.9)
Here I assume that the mean position x is zero. The standard deviation is given by
σ =
√
kBT
k
. (3.10)
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Using the camera, the position distribution of the trapped particle is measured. From the PSD, the
corresponding data, still uncalibrated, is measured as voltages. We need to convert this data into units
of force (newtons), such that
FN =CN/VFV , (3.11)
where CN/V is a calibration constant, and the subscripts indicate the units (V for voltage in volts, N for
force in newtons, and m for position in metres). Thus,
FV =−kV/mxm, (3.12)
FN =−CN/VkV/mxm, (3.13)
kN/m =CN/VkV/m, (3.14)
and
kV/m =
kN/m
CN/V
. (3.15)
From the position distribution, we can obtain the optical force distribution
P = exp
(−kx2
2kBT
)
= exp
(
−kN/mFV 2
2k2V/mkBT
)
. (3.16)
Using equation (3.15),
P = exp
(−C2N/VFV 2
2kN/mkBT
)
, (3.17)
and the standard deviation of the optical force distribution measured in volts is
σ f =
√
kN/mkBT
C2N/V
. (3.18)
Now, I can substitute the spring constant from the camera position data into the force standard deviation:
σcam =
√
kBT
kN/m
→ kN/m =
kBT
σ2cam
(3.19)
σ f =
kBT
CN/Vσcam
, (3.20)
where σcam is the standard deviation of the position (measured in meters). Finally, the PSD force
calibration coefficient, needed to convert the measured voltage signal to a force in newtons, is
CN/V =
kBT
σ fσcam
, (3.21)
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or, if we know the trap stiffness,
CN/V = kN/m
σcam
σ f
. (3.22)
It should be noted that detectors for both position and force need to be faster than the relaxation time
of the particle in the trap to correctly reflect its statistics. Similar calibration procedures have been
used for QPDs [82] (in which case, they do not yield an absolute calibration, as noted above). While
this calibration is performed using a particular particle, in the linear region of the trap, the calibration
coefficient CN/V can be used for arbitrary particles, and outside the linear region of the trap. Since
the calibration of the force detector makes use of the equipartition theorem (Equation (3.21)), it is
important to avoid excessive heating when performing this calibration. Heating can be avoided by
using a low trapping power, and a particle and surrounding medium with low optical absorption, for
this initial calibration.
3.5 Force–position curve
In some cases, measurements of the optical force are sufficient. However, for many other purposes,
pairs of force and position measurements are needed. For example, the investigation of the mechanical
properties of DNA typically require the measurements of the dependence of the tension of the DNA
strand with its extension [15, 83]. To determine the position, one can use a CCD camera. It is also
possible to use the relationship between the optical force and the position of the particle within the
trap. For a spherical particle, the optical force is a function of its position in the trap. If this function
has been measured or calculated a priori [84], the force corresponding to a given position is known
and the force–position curve can be easily built. For a non-spherical particle, the force can also depend
on the alignment. If the alignment is sufficiently close to constant (e.g., the surroundings hold the
particle in a fixed orientation, or the trap holds the particle in a fixed orientation), the force–position
relationship can be treated as a function of position for a given alignment. More generally, it is often
possible to treat the force–position relationship as a function of position in a time-averaged sense [85].
Therefore, to obtain paired force and position measurements, one can either obtain simultaneous
measurements of these quantities using the camera and PSD, or first determine the force–position
relationship for the particle in the trap, and then measure either the force or the position, and determine
the other from the force–position curve. The latter method, using the force–position relationship has
the disadvantage of the force–position relationship needing to be found first. This is an additional
calibration procedure that needs to be performed for each particle in each trap, and cannot be dealt
with as a once-only calibration such as the calibration of the force detector (PSD). However, there
can be compensating benefits that make this method highly advantageous. First, it can be technically
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difficult to obtain sufficiently simultaneous position and force measurements from the camera and
PSD. Typically, exactly simultaneous measurement is not possible — the question is whether position
and force measurements are sufficiently close in time to be considered simultaneous. This depends on
details of the instruments and the data acquisition system. Second, even if effectively simultaneous
measurements are possible, such measurement cannot proceed faster than the slower of the two
instruments. For example, the PSD used to measure the optical force might be capable of making
measurements at a rate of tens of kHz, while the camera used to measure the position might be limited
to a maximum frame rate of kHz. Measurement using the force–position relationship can obtain data
at the speed of the faster of the two instruments. Third, knowledge of the force–position curve can
be used to detect changes in the trap, such as the migration of an additional particle into the trap.
Therefore, I will discuss and demonstrate methods for determining the force–position relationship for
optically trapped particles using a calibrated system for direct optical force measurements.
Many methods for determining the force–position relationship only yield a small portion of the
force–position curve. For example, the force–position relationship is often given by the spring constant
for the trap, so only the Hookean (linear) region near the equilibrium position is described. The very
commonly used power spectrum method (see Chapter 2) not only assumes that the trap is Hookean,
but also depends on knowledge of the viscous drag, which assumes that the viscosity of the trapping
medium, and the size and shape of the trapped particle are known. The force–position curve can also
be obtained from calculation of the optical potential (see Chapter 2). However, this method can be
used only in the absence of any other forces (otherwise the calculated force will include an external
non-optical force). Moreover, as the force is obtained from the statistics of the positions of the particle
in the trap, the precision is strongly non-uniform across the force–position curve. Regions with a poor
statistical representation will contain a bigger error than regions with a large statistics. Some methods
which do not involve finding a spring constant, such as displacing the particle from the equilibrium
position using viscous drag (e.g., by moving the stage) also require knowledge of the viscosity [86,87].
Such drag-based methods become difficult when the force measurement is to be done in an unknown
environment with an uncharacterised probe particle. For example, if a force measurement was to be
done inside a cell, with a cell organelle being used as the probe particle, properties such as the viscosity
of the medium and the size and shape of the particle would be unknown, as would the effect of the
cellular membrane on the measurement. Therefore, it is important to consider methods where the least
amount of a priori information is required [53, 85, 88, 89].
I will demonstrate two methods to obtain the force–position curve. Neither of the methods depends
on knowledge of the viscous drag, or even of the temperature and both can be applied to arbitrary
particles (assuming that they are not changing their orientation in the trap) and even unknown objects.
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First, if synchronous force and position measurements are possible, a series of paired force and
position measurements will give the force–position relationship (Figure 3.4a). Also, the synchronised
force–position measurements can be used to explore the force map of the optical trap using both x
and y components of the force and position (Figure 3.4b). Brownian motion is used to provide the
(a) (b)
Figure 3.4: The force–position curve (a) and radial force distribution (b) of the trapped silica particle
obtained using synchronous method.
range of positions. If the force–position relationship is desired over a larger spatial region than it is
explored through Brownian motion, the particle can be displaced further from the equilibrium position
by fluid flow, e.g., by moving the stage uni-directionally or by oscillating the stage. It is important to
note that while viscous drag is used to move the particle away from the optical equilibrium position, it
is not necessary to know the viscous drag force, since the calibrated detector provides the required
force information. This method is referred as the synchronous method.
Second, if synchronous force and position measurements are not possible, unpaired force and
position data can be collected. Since these data are not paired, the force and position measuring
instruments do not need to operate at the same data acquisition rates, and the size of the force and
position data sets need not be identical. They should be collected over the same time period, or at
least over time periods over which the statistics of the particle behaviour are the same. This method
requires us to assume that the force–position curve is monotonic. With this assumption, it follows that
if the position and force measurements are both sorted, then they should correspond to each other. The
force–position relationship can then be obtained as the quantile–quantile plot (qq-plot) of the force
and position data sets. This method is referred as the mapping method.
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In Figure 3.5a and 3.5b, the synchronised calibration results are compared with the force obtained
from position measurements using the equipartition theorem and building a potential, and with the
proposed mapping method. The averaged difference in the trap stiffness for these cases is less than
(a) (b)
Object Size Medium Trap stiffness
Silica particle 1.9µm Water
µ = 0.9mPa · s
Trap stiffness:
k f it = 3.90±0.02pN/µm
kpot = 4.07±0.05pN/µm
kmap = 4.00±0.02pN/µm
Polystyrene particle 4.9µm Water
µ = 0.9mPa · s
Trap stiffness:
k f it = 2.09±0.02pN/µm
kpot = 2.22±0.04pN/µm
kmap = 2.18±0.02pN/µm
(c)
Figure 3.5: Comparison of force calculation methods for two particles of different sizes: (a) 1.9µm
and (b) 4.9µm. The comparison of the force curves calculated from the position distribution, using
the Boltzmann statistics method, using the mapping method and by fitting the synchronised data. (c)
Experimental parameters. The trap stiffness is shown for the synchronised data fit (k f it), the force from
position measurements by building a potential (kpot) and mapping method (kmap).
2%. Some deviations from the theoretical straight line are explained by the poor statistics at the
edges of the position distribution. A series of measurements of the calibration constant with different
samples (silica and polystyrene particles) and on different days (10 measurements) shows good
performance. The standard error over all measurements is CSE = 0.01pN/V which is ≈ 1% of the
mean value CN/V = 1.50pN/V. Of course, the accuracy of these measurements will still be limited
by the uncertainty in the temperature when the calibration is performed, and the uncertainty in the
camera calibration. Further, noise in the system (approximately 10% in our case) will affect individual
measurements of force.
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3.6 Experimental verification of the direct force measurement
method
To verify the proposed calibration techniques and the direct optical force method I trap particles of
different sizes, materials and shapes in various media and measure the force acting on each particle
using the calibrated PSD. This will include non-spherical particles, birefringent particles, deformable
particles, and non-Gaussian trapping beams.
3.6.1 Measurements of the non-linear force
The first experiment shows the ability of the method to measure the non-linear portion of the force–
position curve, i.e., outside the Hookean region of the trap. A spherical silica particle is trapped
and, by oscillating the stage, is shifted into a non-linear region of the trap as in Figure 3.6a. The
force–position curve and the theoretical calculations are shown in Figure 3.6b. The power at the focus
(see data on the Figure 3.6c) was estimated using a measurement of the power before the microscope
objective, multiplied by the transmission of the objective. The measurements are in excellent agreement
with theoretical predictions. The linear part of the force–position curve corresponds to a Hookean
approximation where all the position-based methods work. The synchronous measurement of the
optical force (with a calibration obtained using Equation (3.21)) and position of the trapped particle
allows measurement beyond this approximation.
3.6.2 Biological objects
In the second experiment I trap a human red blood cell (RBC) in plasma using a single beam optical
trap. It is hard to theoretically estimate the optical force that is acting on a real non-spherical object
in the trap. In order to test synchronous method, I apply a fluid drag force to the trapped RBC by
moving the stage with a constant velocity. The measured change in the optical force is compared
with a theoretical calculation of the drag force. To estimate the drag force on the RBC I model it as
an oblate spheroid which is (due to reorientation in the trap) moving perpendicularly to the axis of
symmetry (Figure 3.7a). In this case, the drag force can be calculated as [90]:
F = 6piµV R (3.23)
52 CHAPTER 3. DIRECT OPTICAL FORCE MEASUREMENTS
(a) (b)
Object Size Medium Stage Laser beam
Silica
particle
2.2µm Water
µ = 0.9mPa · s
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f = 25Hz, Apk = 5µm
Gaussian
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(c)
Figure 3.6: Experimental sketch (a) and drag force measurement (b) for a spherical particle in a non-
linear region of the force (silica in water, d = 2.2µm). Inset shows trapped object. (c) Experimental
parameters.
where R is the radius of an equivalent sphere normalised by the symmetry semi-axis lengths of the
spheroid:
R‖ =
4
3
q
α0(1−2q2)+2q2 , (3.24)
R⊥ =
8
3
q
α0(3−2q2)+2q2 . (3.25)
In these equations, the subscripts indicate fluid flow parallel (‖) and perpendicular (⊥) to the symmetry
axis, q is the ratio of the spheroid axes (q < 1 for oblate spheroid and q > 1 for prolate spheroid), and
α0 is defined as:
α0(q < 1) =− q
2
1−q2 +
q
(1−q2) 32
tan−1
√
1−q2
q
, (3.26)
α0(q > 1) =− q
2
q2−1 −
q
2(q2−1) 32
ln
q+
√
q2−1
q−
√
q2−1 . (3.27)
Therefore, for the estimation of the drag force acting on the RBC I use equations 3.25 and 3.26 (oblate
spheroid, perpendicular flow). Units of RBCs and plasma were obtained through the Australian Red
Cross Blood Service Processing Centre. Red blood cells were sampled from units of leukodepleted
packed RBCs in saline-adenine-glucose-mannitol solution. Before measurement, the cells were
resuspended in ABO compatible human pooled plasma (i.e., plasma compatible with the ABO
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Object Size Medium Stage Linear fit
RMSE
RBC 5.0×8.4µm Plasma
µ = 1.43mPa · s
v =
[50,75,100,125]µm/s
0.11pN
‘Blob’
(stretchable)
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Figure 3.7: Experimental sketch (a) and result (b) for trapped RBC in Stokes flow. Fluid drag force
acting on the trapped RBC in plasma for different stage velocities. The drag force is that acting on an
oblate spheroid of the same size (5.0×8.4µm ) as the RBC. Experimental sketch (c) and result (d) for
the trapped blob in Stokes flow. The inset images show the change in shape of the blob as the flow
speed changes. Modelled as a prolate spheroid with parameters corresponding to the measured size of
the blob. Insets on the (a) and (c) show trapped object. (e) Experimental parameters.
blood type of the RBCs) to reproduce a physiological environment. The viscosity of the plasma is
µ = 1.43±0.08 cP [91].
Again, the current measurements of this RBC, shown in Figure 3.7b, are in close agreement with
the theoretical calculations. Thus, even a simplified model of the RBC can effectively describe its
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behaviour.
Next, I show the viability of absolute calibration of an arbitrary particle by measuring the drag
force acting on an unknown particle which was found in the sample of RBCs, henceforth referred to as
the “blob”, shown in Figure 3.7c. Unlike the RBCs, the blob is roughly a prolate spheroid and does not
orientate itself in the trap as a RBC does. For the calculations of the drag force a model of a prolate
spheroid with a flow parallel to the symmetry axes (equations 3.24 and 3.27) is used. The measured
drag force and the theoretical calculations are shown in Figure 3.7d. As the blob’s walls are very soft,
we can see a stretching of this structure at high velocities (v> 125 µm/s). For these cases the blob is
stretching out of the region of observation. I measure the size of the blob by fitting an ellipse to the
visible part of the blob (which is > 90% of the length of the blob). However, even in this situation,
the results are in close agreement with the theoretical prediction when the change in the size is taken
into account. Thus, I was able to measure the optical force acting on a structure with a variable shape
which is extremely difficult to do with other methods.
3.6.3 Birefringent particles
Next, I show that the calibration is also correct for birefringent particles. A vaterite microsphere is
being trapped [92], and we apply a fluid drag force (Figure 3.8a). Since the vaterite particle aligns
with its optic axis in the direction of linear polarisation of the trap [93], I present results for drag
force applied in the direction of polarisation and normal to the direction of polarisation in Figure 3.8b
with all the parameters shown in Figure 3.8c. The lines comparing optical to drag forces for the two
directions are offset since I assume that the vaterite particle is spherical, and do not account for its
small asphericity.
3.6.4 Non-Gaussian beams
Finally, I demonstrate that the same calibration remains correct if the structure of trapping beam is
changed. Here, I use an HG10 beam to trap a polystyrene microsphere (Figure 3.9a). Since the focal
spot of an HG10 beam consists of two spots in one direction, I show the response for drag force applied
both in this direction and normal to it, in Figure 3.9b. The particle was chosen to be sufficiently large
to trap within both maxima to avoid hopping between them as this would make a comparison with
calculated drag force much more complicated.
The measured optical force is in good agreement with the calculated drag force for both directions.
The measurement of the force for such a non-Gaussian beam using position measurements will be
a much more complicated task. Firstly, it will require two calibrations for the two axes because of
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Figure 3.8: Experimental sketch (a) and measured drag forces (b) acting on a trapped birefringent
vaterite microsphere in Stokes flow (vaterite in ethanol, d = 1.1µm). Inset shows trapped object. (c)
Experimental parameters.
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Figure 3.9: Experimental sketch (a) and measured drag forces (b) acting on a spherical particle trapped
in an HG10 beam in Stokes flow (polystyrene in water, d = 3.1µm). Two curves corresponds to the
fluid motion in direction (||) and normal to it direction (⊥) formed by the maxima of the HG10 mode.
Insets show trapped object (bottom) and laser intensity mode (upper). (c) Experimental parameters.
the difference in the trap stiffness for these axes. Secondly, it will be valid only for a very small
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displacements where the force is linear and this range will be different due to asymmetry in the beam.
3.7 Summary
I have introduced a method for the calibration of the force detector. I have shown how synchronous
force and position measurements can be collected experimentally to give a force calibration, and con-
firmed this experimental arrangement by making measurements on red blood cells, another biological
entity (the blob), and vaterite microspheres. The calibration is also valid if the trapping beam has
other than Gaussian distribution and I demonstrated this for an HG10 beam. I further show that it is
not necessary to take synchronous force and position measurements to obtain a force–position curve
for a monotonic optical trap, which can be done by mapping the measurements to one another. This
mapping method does not need further assumptions about the probe particle or trapping environment,
which is useful when making measurements in vivo or in an unknown environment. Notably, mapping,
with and without synchronous measurements, does not require the assumption of a Hookean trap for
calibration, which expands the range of probe particles, environments and uses of optical tweezers
in general. This implies that these methods of calibration will allow versatile application of optical
tweezers in biologically relevant environments where other calibration methods would be difficult or
impossible to implement.
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Chapter 4
Amplitude filter masks for 3-D optical force
measurements
Position sensitive detectors used for DFM are suitable only for radial force measurements (that is, a
PSD by itself). It is possible to get some information about the axial position by using an aperture [94];
however, this is a rather approximate estimation. 3-D forces can be calculated using a camera, as an
arbitrary function can be applied to the image. However, a camera has comparatively low bandwidth
and the frame rate for a full image typically will not exceed a few kilohertz. Also, there are millions
of pixels in a single camera chip, and therefore it has much higher noise than a single-element
photodetector. I propose a new detection method for performing a fast measurement of the optical
forces which at least matches the accuracy of the PSD, attains the high bandwidth and low noise of the
split detectors and gains the camera’s flexibility in the choice of the weighting functions.
4.1 Amplitude filter mask
The method for the high-speed transverse and axial force measurements is based upon a reflective filter
with a specific transmittance function which is placed in front of the photodetector to modulate the
intensity of the light transmitted through the optical system (Figure 4.1). A similar approach (but using
an attenuator with a spatially varying attenuation) was developed by Smith and Bustamante [95] for
measuring axial forces. In this method only a single detector is needed which implies that the method
is simpler to implement experimentally. In my method, the reflective mask allows the detection of both
transmitted and reflected beams as complementary information is contained in the two paths. This
doubles the signal and, unlike detection with the attenuator, preserves a uniform distribution of the
detection noise over the mask. Measuring both the reflected and transmitted light provides the optical
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force even when the beam power changes, without requiring additional measurement of the power.
Figure 4.1: Schematic representation of position sensitive masked detection. M is a reflective filter
with a specific spatially varying transmittance function; PD1 and PD2 are photodetectors, respectively
measuring intensities, IT and IR.
For an appropriately defined mask function at the filter plane, M, the transmitted and reflected light
patterns from an initial intensity, I, are:
IT (x,y) = I(x,y)M(x,y), IR(x,y) = I(x,y)(1−M(x,y)) . (4.1)
Assuming the diffracted light all falls onto a single element detector, the detected signals are given by:
ST =ℜG
∫∫
IT (x,y)dxdy, SR =ℜG
∫∫
IR(x,y)dxdy, (4.2)
where ℜ and G are the responsivity and transimpedance gain of the detector, respectively, with the
complete measurement being:
S = ST −SR. (4.3)
In particular, to estimate the force acting on a particle, the mask is placed at the back focal plane (or its
image) of the collection optics.
4.1.1 Radial force
According to equations (3.2) and (3.3), the radial force is proportional to the unnormalised centroid of
the light distribution in the back focal plane of the condenser. Here I assume the following expression
for a masking transmission function:
Mrad =
1
CA
kradx+
1
2
, (4.4)
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where krad ranges from 0 to 0.5 and is a transmission gradient of the filter normalised by the size of the
pattern, and maximum sensitivity is achieved when the size of the filter is matched with the size of the
light pattern.
The transmitted and reflected intensities IT and IR are integrated by two detectors and subtracted
either numerically after the measurement (two separate photodetectors) or electronically in the circuit
using balanced photodetectors (BP). The final signal in volts is then given by:
(
S(V )x ,S
(V )
y
)
= 2krad
1
CA
ℜG
(∫∫
I(x,y)xdxdy,
∫∫
I(x,y)ydxdy
)
, (4.5)
where krad is assumed to be the same for both x and y components.
The components of the radial force then becomes:
(Fx,Fy) =
H
2kradℜG
(
(S(V )x −S(V )x0 ), (S(V )y −S(V )y0 )
)
. (4.6)
As ℜ, G and H are constant for a given optical system, I will combine them into a new constant, H˜.
Thus, the final equation for the radial components of the force is:
(Fx,Fy) =
H˜
krad
(
(S(V )x −S(V )x0 ), (S(V )y −S(V )y0 )
)
. (4.7)
There are two approaches to calculate the constants in the equation (4.7). We can precisely measure
all the parameters and simply calculate them [96]. However, this is a challenging task as every element
needs to be precisely characterized. Alternatively, we can calibrate our system using drag force or
the statistics of the Brownian motion. The result will depend on the accuracy of the measurement of
these forces but offers an easy implementation and can be quickly repeated if needed. I will use the
equipartition theorem and the position of the trapped particle from the camera to obtain the constants:
Crad =
kBT
σ (V )S σcam
, (4.8)
where kB is Boltzmann’s constant, T is the absolute temperature, σcam is the standard deviation of the
position measured in meters, σ (V )S is the standard deviation of the signal from the detector in volts.
The calibration constant Crad = H˜/krad will directly convert the output voltage from the detector into
an optical force acting on the trapped particle, circumventing the need for finding H. Crad can be found
through observation of the distributions of position and force that the particle experiences at room
temperature (low trapping power regime).
For the best performance of the detectors, it is important to balance the transmitted and reflected
signals. This can be easily achieved by a spatial shift of the pattern (which is equivalent to adding a
constant value to the equation (4.4)) without the loss of validity of equation (4.7).
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4.1.2 Axial force
For axial force measurements we need to apply a spherical function centered on the optical axis√
C2A− (x2+ y2) . The mask for axial force measurements, Max, is defined as:
Max = kax
1
CA
√
C2A− (x2+ y2) , (4.9)
where kax is a balancing coefficient.
Similarly to the radial force measurements, the signal from the detector for axial force measurement
is:
S(V )z = 2kax
1
CA
ℜG
∫∫
I(x,y)
√
C2A− (x2+ y2) dxdy. (4.10)
The axial force is:
Fz =
H˜
kax
(S(V )z −S(V )z0 ). (4.11)
Since it is easiest to calibrate the detector using radial forces, it is useful to use the same calibration
for axial forces, given:
Fz =
Cradkrad
kax
(S(V )z −S(V )z0 ). (4.12)
It should be noted that, unlike the radial force, it is important to know the CA constant to produce a
pattern of the proper size. It is related to the maximum size, rmax, of the light distribution in the back
focal plane of the condenser. CA is the radius at which light that has been scattered at 90 degrees to the
optical axis is detected in the back focal plane. For a condenser with sufficiently high NA this is equal
to rmax:
CA =
rmax
sinθmax
=
rmaxnm
NA
, (4.13)
where θmax is the maximum angle accepted by the condenser, nm is the refractive index of the trapping
medium, and NA is the numerical aperture of the condenser.
Thus, the position detection task is reduced to the measurement of the intensities of two beams
after the separation. This can be done with separate photodectors, but the best performance will be
achieved with a balanced photodetector (BP) as it directly outputs the difference between the two
signals, has common-mode noise reduction capabilities and provides high bandwidth [97]. Also, I
can use lenses to focus the beams onto the detectors, which means that smaller detectors can be used.
This enables measurement of large-size beams without a significant reduction in the bandwidth of the
detector.
4.2. DIGITAL MICROMIRROR DEVICE AS A DYNAMIC FILTER MASK 63
4.2 Digital micromirror device as a dynamic filter mask
A digital micromirror device or DMD is a micro-electrical-mechanical system which consists of an
array of micron-sized mirrors (typically, about one million mirrors) which are able to switch between
two stable positions [32, 98, 99]. Each mirror can be set to the “on” or “off” state individually. We can
use this property of the DMD to reflect the light into two different directions to perform the optical
force measurements. As a DMD is a binary modulator, I will use dithering [100] to represent different
transmission levels. Two types of patterns are being used: a linear gradient, equation (4.4), for radial
forces and a spherical gradient, equation (4.9), for axial force measurements. The linear gradient was
created with each line of the array (row or column) containing randomly distributed “on” pixels with
the number of pixels corresponding to the required transmission level. The spherical gradient was
created with the same algorithm but using circles instead of lines. Due to the pixelated structure of the
DMD, higher diffraction orders are present. However, as we perform a calibration of the detector, these
orders do not influence the measurements of the optical forces and can be filtered out with an aperture.
Figure 4.2: Digital micromirror device (DMD). Mirrors are flipping between two position: “on” (white)
and “off” (purple).
4.2.1 Dithering
As a DMD is a binary modulator, we have to use dithering to represent a gradient on the pattern. The
accuracy of this representation depends on the ratio between the size of the individual mirror and the
size of the spot. I simulate the displacement of the Gaussian beam across the dithered pattern for
radial force measurement — linear gradient — and compare the results with the expected value (see
Figure 4.3a). The relative error drops quickly with an increase in the beam-to-pixel ratio (BPR is the
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Figure 4.3: (a). Error in the position measurements due to dithering of the gradient pattern. Vertical
and horizontal line are showing a 10% error. (b) Experimental measurements of the beam displacement
using QPD and PSMD.
ratio of the beam diameter to the pixel size) and reaches 10% at BPR≈ 150. This gives an estimation
of the required size of the spot on the DMD to effectively represent the gradient using a binary pattern.
The DMD used for my measurements has a maximum BPR of 810 (which corresponds to the beam
filling the whole area of the DMD chip) which gives an error of ≈ 5%.
4.2.2 Beam displacement measurements
Next, I experimentally compare the performance of the PSMD and QPD for the measurements of
the position of the laser beam. The beam from a HeNe laser (632.8nm) is split into two paths to the
PSMD and QPD which are placed at the same distance from a beamsplitter. The beam is scanned
through the detectors using a mirror placed on a servo stage. For this test the PSMD consists of a DMD
(infrared chip from DLP4500EVM, Texas Instruments) and two identical photodetectors (PDA36a,
Si switchable gain detector, Thorlabs). The results are shown in Figure 4.3b. The spot size on the
detectors is about 6mm in diameter, which corresponds to a beam-to-pixel ratio of 790. The PSMD has
shown good linearity and low noise across the scanning area. The average error is 2.8%. In contrast,
QPD has a linear response only in the center of the detector. Moreover, the noise is not uniform and
increases as the beam is moved further away from the “balanced” position.
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4.3 Experimental measurements with position sensitive masked
detection
To investigate the performance of the proposed detection method the setup shown in Figure 4.4 was
constructed. Ytterbium doped fiber laser (YLR-10-1064-LP, 10W, 1064nm, IPG Photonics) is focused
by a high-NA objective (Olympus UPlanSApo 60×, water immersion, 1.2 NA) to create an optical
trap (see Figure 4.4). Light, scattered by a trapped object, is collected by a condenser (Olympus
UPlanSApo 100×, silicone oil immersion, 1.35 NA). The back focal plane of the condenser is imaged
on the force detectors using a telescope (lenses L1 and L2) and a beamsplitter BS. A CMOS camera is
used to track the position of the trapped particles. The detectors are: PSD (duo-lateral PSM2-10 with
OT-301DL amplifier, 15kHz, On-Trak Photonics); PSMD which includes DMD (infrared chip from
DLP4500EVM, Texas Instruments) and balanced photodetector (PDB210A/M, 1 MHz, Thorlabs).
The signal from the detectors is recorded using a data acquisition card (NI PCIe-6351, National
Instruments) and a custom made program in LabView (National Instruments).
The sample is made from two coverslips with double-sided adhesive tape as a spacer. This provides
an enclosed ≈ 100µm high sample chamber. The sample is held and moved by a 3-D piezo-stage (PI
P-563.3CD, Physik Instrumente).
Three experiments are performed using different configurations of our apparatus involving either
a PSD, PSMD or both devices. Firstly, I will show the high-bandwidth performance of the PSMD
method and compare it with the duo-lateral PSD. Secondly, I investigate the accuracy of the axial force
measurements and compare them with the Stokes drag force. Finally, by combining axial forces from
the PSMD with radial force measurements using the PSD, full 3-D force measurements on a spherical
particle adhered to a microscope coverslip are performed.
4.3.1 Alignment and calibration of the detectors
The CMOS camera was calibrated by moving and tracking a fixed spherical particle with a nanometer
precision piezo-stage. The calibration constant for all measurements is Ccam = 0.170±0.002µm/px.
The PSD was calibrated with a spherical silica particle with a diameter of 1.70µm. The position
of the particle (in meters) and the optical force (in volts) were recorded simultaneously at 5000fps
(camera) and 15kHz (PSD) respectively. Then, the calibration constant of the PSD was calculated
using equation (4.8) and has a value of CPSD = 1.93±0.02pN/V
PSMD alignment and calibration are done in a few steps (see Figure 4.5). Firstly, I align the pattern
on the DMD with the optical axis using horizontally/vertically divided patterns (an analogue of the
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Figure 4.4: Setup for optical trapping using the position sensitive masked detector. DM1 and DM2 are
dichroic mirrors used to separate the laser beam from the illumination beam. An objective (NA 1.2,
water immersion) creates an optical trap and a condenser (NA 1.35, silicon oil immersion) collects the
scattered light. Lenses L1 and L2 image the back focal plane of the condenser on the PSD and DMD.
split detector). Then, the size of the light distribution is estimated by a circular aperture pattern with
one of the inputs of the BP blocked. When the size of the aperture pattern is bigger than the size of the
light spot no signal is observed. By changing the radius of the aperture on the DMD the size of the
pattern is recorded when the signal is detected. A particle attached to the slide is used to increase the
scattering of the light at large angles. The calibration constant for the radial forces (linear gradient
pattern) is determined using the same procedure as for the PSD and becomes Crad = 0.70±0.01pN/V.
Secondly, the radial force calibration and the size of the light distribution on the DMD are used to
set the size of the pattern for axial force measurements (Rax = 290px≈ 3.1mm). The axial calibration
constant is then calculated using equation (4.12).
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Figure 4.5: Diagram of the PSMD alignment and calibration procedure
4.3.2 Bandwidth
The real bandwidth of the force detection system is limited by various noise sources in the optical
setup, e.g., mechanical noise of the optical components, thermal instability of the environment, etc.
While these sources of noise can be suppressed, the primary limitation — the bandwidth of the detector
— is much harder to deal with. To investigate the temporal performance of the PSMD a trapped silica
microparticle (d = 1.70µm) is tracked with the proposed detection system and compare results with a
duo-lateral PSD. The power spectrum density is shown in Figure 4.6.
For PSD measurements we reach the noise floor at 7kHz while with PSMD we get a higher cut-off
frequency at 100kHz. This gives us an order of magnitude improvement in temporal resolution when
using the position sensitive masked detector: from 143µs to 10µs. For our system, the laser noise
becomes dominant at frequencies greater than > 100kHz. Unlike the measurements using a PSD, with
PSMD we are not limited by the detector’s bandwidth and can explore the full bandwidth of the optical
trap.
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Figure 4.6: Power spectrum densities of the radial optical force acting on a trapped silica microparticle
1.70µm. The bandwidth of measurement for each experiment was chosen such that the noise floor
meets the optical trap signals. The effect of surface capacitance on the PSD measurement can be seen
with a rapid fall to the noise floor at about 7.5kHz.
4.3.3 Axial force
As was mentioned before, the CA constant is required to create a pattern for the axial force mea-
surements. The effect of the different CA values on the axial force measurement of a trapped silica
particle ( = 1.70µm) is presented in Figure 4.7. This is important for determining potential error
due to an imprecise determination of CA. The correct radius of the pattern was measured to be
CA = 290px≈ 3.1mm. When the mask is smaller, the detector becomes more sensitive, which leads to
a wider Gaussian distribution of the force. To balance the BP we need to increase kax. If we continue
to shrink the radius, the mask will reach the limit where kax→ ∞ and become a split detector–circular
aperture. Created in this way, the mask has a benefit that both signals — from the inner circle and the
outer ring — are measured, while in conventional aperture detection, the later is discarded. For bigger
masks, kax→ 0.5 when R→ ∞ and the mask will become a beamsplitter with no position sensitivity.
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Figure 4.7: Left: The axial force distribution for different amplitude mask sizes. The thick black line
corresponds to the correct pattern size. Right: Change in the measured standard deviation for different
sizes of the pattern.
In all cases, except with the correctly sized pattern, the detector will not be universal for different
particles and a recalibration will be required. In the case of small deviations from the exact mask radius
I get an error in the force of ≈ 0.6%/px. Given that the pixel size is 10.8µm, precise measurements
are required to get the correct values of the force.
To evaluate the accuracy of the detection of the axial force with the correct size of the mask, the
particle is dragged with a constant velocity and the axial drag force is measured. The results for the
drag force measurements with different velocities (10–100µm/s in steps of 10µm/s) are presented in
Figure 4.8. The error bars on the plot are the standard deviations in the force measurement due to
the Brownian motion of the particle. A bigger deviation at the higher velocities is due to the shorter
drag time (6.0s to 0.6s). The measurements show good linearity and correspond to the theoretical
calculations of the drag forces within 5%. The underestimation in the force is expected as we are not
measuring the back-scattered light which plays an important role in the axial force [73]. Although the
silica particle has low reflectivity, back-scattered light contributes twice its original momentum to the
axial force while forward scattered light only contributes a small change in momentum.
4.3.4 3-D force measurements
In the second experiment a silica particle stuck to the glass substrate is used. Particles (water solution,
1.7µm) were allowed to settle to the bottom in the sample chamber and some of the particles adhered
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Figure 4.8: Axial Stokes drag force measurements of the spherical silica particle (1.70µm) using
PSMD. The corresponding velocities are [10, 20, 30, 40, 50, 60, 70, 80, 90, 100] µm/s. Error bars are
the standard deviations of the Brownian motion of the particle.
to the slide due to the materials’ intrinsic adhesive contact forces. The trap is placed at the center of
the particle and the piezo-stage is used for a point-by-point scan of the particle. We perform a 3D scan
of the particle and measure optical forces using a PSD for the radial components (x and y) and PSMD
for the axial force measurement. The Optical Tweezers Toolbox [31] is used for a simulation [17]
of the optical force distribution (Figure 4.9). The simulation parameters were chosen to match the
experimental values and are within the uncertainty of the parameters of our system. Here we use a
silica (n = 1.45) spherical particle with diameter of 1.7µm in a linearly polarised Gaussian beam.
The full experimental and theoretical 3D force distributions are shown in Figure 4.9. To compare
the simulations with the measurements the plane with the maximum radial force in both is found.
We can see good agreement between the experiment and the simulations. It is important to note
that the backscattered light, which was shown in [73] to play an important role in the axial force
determination, is not collected. Some discrepancy can also be explained by the drift in the stage in the
axial direction and proximity to the slide where multiple reflections at the particle–slide interface can
result in errors in the force measurement compared to a floating particle.
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Figure 4.9: 3-D optical force measurements of the silica microparticle (1.70µm) stuck to the slide.
a). Radial component of the optical force Fy. To match the simulation and experiment the plane with
the maximum radial force was chosen for both cases. b). Axial force in the same plane as a. c). The
comparison of the measured and calculated 3-D distribution of the total optical force.
4.3.5 Comparison of the PSMD with a split detector
As split detectors are widely used in optical tweezers to measure the position of a particle in both
radial (QPD) and axial (aperture) directions, it is important to compare the performance of the split
detector with a PSMD. The main advantage of the split detector over the PSMD is its sensitivity. If
the light beam has a symmetrical, monotonically decreasing profile, the split detector will provide
the highest possible signal. The drawback is that this signal depends on the size of the pattern and its
structure. Also, the response of the split detector to non-monotonic distributions will not be correct.
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This makes the usage of the split detectors for direct force measurements impossible as the universality
of the method will be lost.
4.4 Discussion and summary
I have shown that the PSMD has a much higher bandwidth compared to a typical PSD — resulting in
one order of magnitude increase in the bandwidth in our system (although, as was pointed out earlier,
higher bandwidth PSDs are available). In the experimental system, we are limited by the laser noise
but one can expect a much higher bandwidth (of the order of 10–100 MHz) if other sources of noise
are suppressed and a faster, low noise, photodetector is used. One of the factors that decreases the
bandwidth of the PSD is the size of the chip which determines the capacitance of the sensor which
in turn limits the response time of the detector. In PSMD the beam is separated by the amplitude
mask and this problem can be addressed by focusing the split beam onto a photodetector, so that the
smallest detectors can be used without loss in the resolution and linearity. Also, both the PSD and BP
in our system are silicon based detectors and have a low sensitivity at 1064nm. This may introduce an
additional low-pass filtering of the recorded signal [61].
A linear gradient pattern is used for the radial force measurement and provides a signal equivalent
to that of the PSD, as shown in Figure 4.6, where the power spectrum densities for both the PSD and
BP are the same for frequencies below 100 kHz. The linearity of the filter means that the detection is
proportional to the force and once calibrated should in principle always measure the radial (transverse)
optical force for a wide range of particles, both spherical and non-spherical.
The accuracy of the PSMD for the axial optical forces is estimated using the measurement of the
Stokes drag force on a sphere. The results show excellent linearity for the different velocities and very
little spread in the measurements demonstrating repeatability. However, the size of the pattern plays
a crucial role and the deviation of the radius of the pattern of just 10% will cause a 19% error in the
force measurement. Accurate calibration of the pattern is thus essential. However, this limitation is
imposed by the optical system and any method that measures the axial optical force will encounter this
same problem.
The theory behind the split detectors shows that they are the special cases of the masks for the
radial (QPD) and axial (aperture) force measurements with infinite slope of the gradient. This leads
to an increase in the sensitivity to the displacement at the cost of losing linearity. Therefore, split
detectors cannot be used for the direct optical force measurement, but remain valuable for position
measurement.
While the position sensitive masked detector can be implemented with a stationary filter, the use
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of the DMD is preferable and has many advantages for the usability of the system. It allows the
implementation and testing of different patterns under the same conditions; characterisation of the
light distribution in the detector’s plane; convenient electronic alignment of the detector.
3-D forces can be measured using a combination of the detectors (Figure 4.9) or by time-sharing
the patterns on a single DMD. However, in the later case, the bandwidth of the measurements will be
limited by the framerate of the DMD, so the actual 3-D force measurement bandwidth will not exceed
a few kilohertz which is comparable with the bandwidth achievable with a camera.
The proposed method of measuring optical forces using amplitude filter masks (PSMD) expands
the universal direct force measurement method to a high bandwidth region which is inaccessible
with existing detectors. Moreover, it can improve the accuracy of force detection by accounting for
the variations in the transmission of the condenser for different angles and aberrations in the optical
system.

Chapter 5
Force measurements in biological systems
Mechanical forces play a vital role in any biological system. Measurement of these forces is crucial in
understanding the functionality and structural organisation of cells and tissues. On a single-cell level
these forces define the ability of the cell to maintain its shape and respond to external stresses. On a
multi-cell level mechanical forces establish an interaction between the cells and therefore determine
the structure of cell tissues. Many microscopic biological entities generate force to move themselves.
These include various swimming bacteria and sperms that use flagella to create a propulsion force.
The measurement of the propulsion force generated by these swimmers is important for understanding
the functionality of flagella and molecular motors involved in the motion.
Since the invention of optical trapping, biological systems have been some of the most interesting
targets of optical tweezers. Optical tweezers have a number of excellent properties which contribute to
its success with biosystems. The ability to apply and measure optical forces in the range of piconewtons,
which is inaccessible or hardly achievable with other techniques, has led to a huge number of biological
experiments using optical tweezers. They have been used for manipulation of organelles [101,102],
stretching of deoxyribonucleic acids (DNAs) [43, 103, 104], trapping of red blood cells (RBCs) [105]
(including trapping inside a living animal [106]), investigation of the cell membranes [107–109],
cytoskeletal networks [110], molecular motors [111, 112], and various in vivo experiments [113] in
biological objects.
In this chapter, I will present experimental results on the optical trapping and force measurements
of RBCs, including a study of the change in the stiffness of RBCs during cold storage. I will show
how a combination of position sensitive masked detector (PSMD; for axial force measurements) and
duo-lateral position sensitive detector (PSD; for radial force measurements) can be used to study the
motility of swimmers by measuring the propulsion force generated by a swimming Escherichia coli
(E. coli) bacterium.
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5.1 Stretching of the Red Blood Cells
Red blood cells are flexible biconcave cells responsible for gas transport to/from body tissues [114]
using haemoglobin — an iron-containing protein that bonds with oxygen and carbon dioxide. The
stability of the shape of RBCs is provided by spectrin and actin protein filaments [115]. These
proteins form a network that provides mechanical support to the membrane [116]. There are many
morphological types of RBCs depending on their condition. Discocytes are normal healthy red blood
cells named after their disc-like shape. Other forms of RBCs include echinocytes, stomatocytes,
spherocytes, etc. [117]. All these morphological types are linked with different disorders in the
membrane and are often caused by diseases. During their lifetime, RBCs experience repeated stretching
when they pass through capillaries in the body. The flexibility of RBCs is a vital property for their
normal functionality. Therefore, measurements of the mechanical properties of RBCs are important
for understanding the morphological changes and their influence on the body.
The mechanical properties of RBCs have been investigated using various methods: atomic force
microscopy (AFM) [118–120], microfluidics [121,122], micropipette [123], and optical tweezers [124–
126]. Red blood cells (RBCs) are one of the most well studied biological objects using optical tweezers.
The aim of most of the optical trapping experiments with RBCs is the investigation of their mechanical
properties [127–129]. Usually, optical stretching of the RBCs is performed by trapping spherical
particles attached to the cell. Typically, there are two scenarios for the stretching. In the first scenario,
one side of the cell is fixed to the slide and the cell is stretched by moving either the slide or the
trapping beam [130, 131]. In the second scenario, particles on both sides of the RBC are trapped [132]
and the cell is stretched by moving the trapping beams. If the stiffness of the optical trap for a given
particle is known, the stretching force can be easily measured by tracking the position of the particle.
However, these methods have some disadvantages. Firstly, the point of attachment of the particles to
the cell is hard to control. As a result, the stiffness of the cell will depend on the location of the particles
and will vary from cell to cell. Also, the attachment of the side of the RBC to the slide, as in the first
scenario, complicates the measurements of the length of the cell, as the stretching is performed in a
different plane which distorts the image of the RBC. Secondly, an additional treatment of the sample
is required to attach the particles to the RBCs which may change their mechanical properties, create
local membrane deformations, and influence the measured stiffness. Alternatively, one can use an
optical stretcher [133] — a device consisting of two optical fibres opposed to each other, which create
a counter-propagating trap. By varying the power in the fibres, the stretching force can be adjusted.
The calibration of the optical trap in such systems can be performed by measuring the laser power at
which the object escapes the optical trap [134] (assuming that the drag force acting on the particle is
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known). Nevertheless, all these methods require a prior calibration of the detector for each object. As
was shown in Chapter 3, the direct force measurement (DFM) method does not require a recalibration
and can be used to measure optical forces on the trapped RBC directly, without attachment of any
transducers. Therefore, the DFM method will be used to study the mechanical properties of the RBCs.
The experiments in this section were performed in collaboration with Queensland University of
Technology (Brisbane, Australia) and the Australian Red Cross Blood Service (Brisbane, Australia).
Units of RBCs and plasma were obtained through the Australian Red Cross Blood Service Processing
Centre. Informed donors’ consent was obtained prior to donation for all samples through the Australian
Red Cross Blood Service donor questionnaire. This study was approved by the Australian Red Cross
Blood Service Human Research Ethics Committee. All experimental methods were performed in
accordance with Australian blood authorities guideline and regulations.
5.1.1 Setup for optical stretching
The dual-beam setup for the optical stretching of the RBCs is shown on the Figure 5.1. Similarly to
the experiments in Chapters 3 and 4, the force is measured using the DFM method by imaging the
back focal plane of the condenser onto a PSD. One trap is movable by changing the grating pattern
on the SLM and another trap remains stationary. The movable trap is created by a pattern which is
similar to a diffraction grating (see Figure 5.2a). The corresponding phase shift φ(n,m) for each pixel
of the SLM (see Chapter 2) is defined by equation [32]:
φ(n,m) = mod2pi (Gm) , (5.1)
where n,m are indices of the pixels on the SLM; G is the phase gradient of the wedge prism. If the
light from both trapping beams is reaching the detector, the measured optical force will be zero, as the
center of mass of the cell is stationary (on the timescales larger than the relaxation time). The polariser
in the setup is used to filter out one of the beams before the detection. It is reasonable to filter out the
movable beam as the diffraction pattern, created by the SLM, contain some higher orders which do
not apply any forces on the cell but would appear on the detector and influence the measurement. A
CMOS camera is used to image and measure the extension of the RBC during stretching.
Once trapped, the RBC reorients in the trap along the propagation direction of the trapping beams.
The two traps are aligned horizontally (in the image plane). The distance between the traps is chosen
so that the orientation of the RBC does not change (which would happen if the two traps are too close
to each other) and the RBC experiences no stretching force. As the movable beam is displaced further
away from the stationary beam, the cell will stretch until the stretching force overcomes the optical
force and the cell escapes the trap. The maximum stretching force is defined by the trap with the
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Figure 5.1: Dual-beam optical trap setup for stretching RBCs. PBS1 and PBS2 are polarising beam
splitters used to create two optical traps; SLM is a spatial light modulator; DM1 and DM2 are dichroic
mirrors; L1 and L2 are imaging lenses; PSD is a position sensitive detector; HWP1 and HWP2 are
half-waveplates; POL is a polariser. The half-waveplate after the beamsplitter PBS1, which is required
to set the correct polarisation for the SLM, is omitted for clarity.
lowest power. When the power in one trap is much higher than the power in the other trap, the cell is
deformed as more material is pulled into the stiffer trap. Thus, for the best performance, the power in
both traps should be approximately equal. This will ensure that the cell is stretched symmetrically and
uniformly. The power in each trap is controlled by two half-waveplates (HWP1 and HWP2, Figure
5.1) placed before the polarising beamspliter PBS2. By rotating the waveplate, one can change the
amount of laser power in each trap individually. All of the optical force measurements on the RBCs in
this chapter are performed at a 10kHz sampling rate and 10000 points are recorded for each position
of the trap.
The calibration of the camera was performed by imaging a microscope calibration target. The
force detector was calibrated by measuring the Brownian motion of a trapped particle and applying
the equipartition theorem (see Chapter 3). The calibration of the pattern on the SLM is performed
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(a) (b)
Figure 5.2: (a) The grating pattern on the SLM. The grating gradient controls the position of the trap.
(b) Calibration of the displacement of the movable trap by measuring the distance between two trapped
particles (silica, d = 1.68µm).
to determine the step in the displacement of the movable optical trap. Two spherical silica particles
(d = 1.68µm) were placed in the traps (one particle per trap) and tracked with a camera. The
corresponding distance between the particles was determined for a series of grating patterns (see Figure
5.2b). The measured displacement of the movable trap is measured as 0.16µm per integer increase of
spatial frequency across the SLM.
Determination of the length of the RBC in the trapping experiment is a challenging task as the
cell reorients in the trap along the beam propagation direction. As mentioned in the earlier part of
this chapter, the red blood cells are present in a large variety of shapes (discocytes, echinocytes,
stomatocytes, etc.) [117]. As the cell is stretched in the optical trap, the thickness and position of the
cell are also changed. This, in turn, changes the apparent brightness of the cell. Moreover, possible
variations in the background due to change in the illumination conditions (for example, due to diffusion
of other cells below the viewing plane or day-to-day changes in the illumination) also influence the
effectiveness of the detection of the RBCs. Therefore, it is hard to develop a universal algorithm which
accurately measures the size of RBCs. I devised a simple method to achieve consistent measurements
of the size of the RBCs using features of our optical system and known parameters of the image
capturing system (see Figure 5.3). Firstly, the averaged grayscale value of the background is subtracted
from the image, increasing the contrast of the cell. All the negative values (from the dark shadow
around the cell) are taken as positive grayscale values to account for parts of the cell below and
above the imaging plane. Secondly, as the trapping beams are aligned horizontally (relative to the
camera sensor), all the rows of the image are averaged. This gives a noticeable signal (blue line on the
Figure 5.3) which marks the horizontal edges of the cell. While it is possible to find the size of the cell
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Figure 5.3: (a) Procedure of the image recognition for the measurements of the length of the RBC.
(Top left:) the original image of the RBC. (Top right:) the image with a subtracted background.
(Bottom:) the length of the RBC (red lines) is measured by averaging all rows in the image (blue
curve).
with subpixel precision, using interpolation of the object function, we do not expect to get the length
of the cell with accuracy better than two pixels.
5.1.2 Measurement of the stiffness of the RBCs
The stiffness of the RBCs is one of the key parameters that defines its functionality in the body. As the
main role of the RBCs in the body is transfer of oxygen to the cells and carbon dioxide [135] out of the
cells, they experience repeated stretching and bending while travelling through capillaries. Changes in
the mechanical properties may lead to an inability of the RBCs to perform their primary functions and
decrease their lifespan [136, 137]. Transfusion of products containing less deformable cells may have
a reduced efficiency and create adverse transfusion related events in patients.
An example of the measured stiffness of a RBC is shown in Figure 5.4a. The cell was stretched
from 6.3µm to about 8.7µm. The stiffness of the cell has been found by fitting a linear function
into force–length data points (k = 3.03pN/µm) and is comparable to the values available in the
literature [138, 139]
A complication in the measurements of the stiffness is the determination of the size of the cell.
There are two possible approaches for the measurements of the length of the RBC: by image recognition
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Figure 5.4: (a) Measurements of the stiffness of red blood cells. Insets show the stretching of the RBC.
(b) Force detector signal for a twenty times repeated stretching of the RBC.
or by measuring the force–position curve of the trapped RBC (which in turn can be linked to its size).
The first method can be realised using the algorithm described in the Section 5.1.1. However, the
accuracy of the method is low due to the orientation of the RBC in the trap which creates the blurry
edges on the image and image artefacts created by the deformation of the RBC. The second approach
would be more accurate in the length estimation if the force–position function is known. But the
measurement of this function will be very hard to implement as the cell is changing its size. One can
simulate the optical force acting on the RBC (see Chapter 2) using, for example, the DDA algorithm
but, given the variation in the size and types of RBCs, this approach is also impractical.
If the actual value of the stiffness of the RBC is not required, for example, if we want to compare
the stiffness of the RBCs, we can avoid measurements of the length of the cell. The optical force,
measured with a DFM method, for different locations of the movable trap gives the relative stiffness.
Let’s consider a rigid object which is trapped and “stretched” in a dual-beam optical trap. Once the
movable trap has reached the point of maximum trapping force, which will be located near the edge
of the object, it will escape the trap. Now, the same experiment for a soft object will lead to a force
curve with a smaller slope as it will stretch, extending the critical distance over which the elastic force
will overcome the maximum optical force. Therefore, we can use the slope of the optical force as the
relative stiffness of the cell.
The RBCs were repeatedly stretched to investigate the behaviour of the cell under prolonged stress
to test the system for possible damage to the cell (including high temperature and mechanical damage).
Figure 5.4b shows an overlap of 20 stretches. The cell is given 1s between full cycles to restore its
shape and align in the trap. The delay between two locations of the movable trap is 200ms which is
enough for the cell to respond to the increased mechanical stress [140] and reach the equilibrium.
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While there are some deviations in the slope of the force–position curve for repeated stretching,
the behaviour of the RBC did not change which implies that the damage to the cell is minimal and is
not sufficient to affect measurements of its mechanical properties.
5.1.3 Mechanical properties of the RBCs during storage
Blood transfusion is a procedure of transferring blood from one patient to another. Usually, this is
an emergency procedure and blood for transfusion is often required in short periods of time. The
blood taken from donors is stored to accommodate this demand. The most commonly used protocol
for cold storage of the blood limits the storage of the RBCs to 42 days at 4°C [141]. One theory
suggests that the 42 days limit references the “Answer to the ultimate question of Life, the Universe,
and Everything” [142, 143]. In fact, the duration of storage was established by measuring the “mean
24-hour post-transfusion survival of no less than 75 per cent of transfused red cells” [144] in patients.
The actual duration of the storage strongly depends on the storage protocols [145]. Storage solutions
influence the damage received by cells and can extend the maximum duration of storage [146, 147].
The current guidelines in Australia (as well as New Zealand, Canada and most of the European
countries) recommend the usage of saline-adenine-glucose-mannitol (SAGM) additive solution which,
as mentioned above, extends the shelf-time of the RBCs to 42 days.
Given the importance of the storage of the RBCs, understanding of the biophysical and biochemical
processes which affects the functionality of the RBCs is of great interest. There are a huge number of
publications which investigate the effect of cold storage on the functionality of the RBCs [148,149], but
still, the validity of the established practices for the storage of the RBC is questionable [130, 150–152].
Here, optical tweezers are used with the DFM method to study the mechanical stiffness of RBCs
during storage. The stiffness of RBCs from four donors was measured once per week for 50 days (days
2, 9, 16, 23, 30, 37, 42 and 50). Five discocytes (includes discocytes and early stage I echinocytes)
and five echinocytes (stage II and III echinocytes) were tested for each donor giving a total of 320
RBCs over the time course with each cell being stretched three times in a row. The differentiation
between the cells is made by the researcher by visual inspection of the trapped RBC. Red blood cells
were sampled from units of leukodepleted packed RBCs in saline-adenine-glucose-mannitol solution.
Before measurement, the cells were resuspended in ABO compatible human pooled plasma (i.e.,
plasma compatible with the ABO blood type of the RBCs) to reproduce a physiological environment.
This plasma was filtered before use, to remove floating protein aggregates which might affect the force
measurements. As the main purpose of this experiment is to compare the stiffness of the RBCs for
different storage periods, I will use the gradient of the optical force as a parameter for comparison. To
measure the stiffness, each cell was stretched until it escaped the trap to acquire a full force curve.
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Figure 5.5 shows the average gradient of the measured optical force. We can make two important
conclusions from these results. First, the stiffness of the RBCs of the same type does not change during
the storage for a given morphology. The values of the stiffness remain constant within the error of
the measurement (the error is defined as a standard deviation of a series of measurements). Despite
this seeming contradiction, our results are in agreement with measurements from other experiments
which have shown an increase in the stiffness of the cells. It should be noted that in our experiment the
stiffness of echinocytes is 21% higher than the stiffness of discocytes. The ratio between the number of
echinocytes and discocytes in the sample changes dramatically during storage. After the third week of
storage, echinocytes become the dominating type of the RBCs in the sample. As most of the previous
researches did not include differentiation of the RBCs by morphological types (which is the case for
experiments on a large number of RBCs like microfluidic stretching), the measured increase in the
stiffness could correspond to the increased number of echinocytes.
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Figure 5.5: Procedure of the image recognition for the measurements of the length of the RBC.
Another noticeable result is shown in Figure 5.6. For each RBC that was measured, the next stretch
had a higher slope of the force (see Figure 5.6a). The comparison of the gradient of the force for
each stretch shows that the slope is increasing for each consecutive stretch (see Figure 5.6b). These
measurements show an opposite behaviour — the slope of three gradients is higher for discocytes. This
means that the discocytes have responded to the mechanical stress more actively than the echinocytes.
As the stretching is repeated within one second after the previous stretching, this change could be due
to a reduction in the intracellular ATP (adenosine triphosphate) which influence the arrangement of
spectrin — a protein that forms a cytoskeleton of the red blood cells. It was shown that ATP induces
dynamic dissociation of the spectrin filaments and rearrangement of the spectrin network which allows
softening of the RBC and increases its ability to stretch [153]. Under mechanical stress, the red
blood cell releases ATP [154] which leads to ATP depletion in the cell which, in turn, increases the
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Figure 5.6: (a) The signal from the force detector for three repeated stretches of the RBC. (b) A change
in the gradient of the stiffness for consecutive stretching of the RBCs during storage.
stiffness [155]. In our experiment the stretching is quasi-static with a typical stretching time much
higher than the ATP release time, so this effect may increase the stiffness of the RBCs for consecutive
stretching.
5.2 Axial force measurements of Escherichia coli
Another class of biological objects studied using optical tweezers are microscopic swimmers, like
bacteria and sperms. These microorganisms use chemical energy to create thrust with one or multiple
flagella attached to their bodies. E. coli is one of the most extensively studied bacteria. While E. coli
plays an important role in the human body by forming part of the normal microbiota of the gut, it is
also responsible for various diseases [156–159]. Moreover, E. coli is widely used as a model organism
in biological studies [160, 161] and biotechnology [162, 163]. Investigation of the motile properties of
these bacteria is of a great importance for understanding the infection process of human by E. coli and
the swimming properties of microscopic organisms in general.
E. coli was one of the first bacteria trapped with optical tweezers [105]. Optical tweezers are used
to study motility [164, 165] and bacterial chemotaxis [166], membrane properties [167], bacterial
viability [168], as an assisting immobilisation tool for imaging of the E. coli [169], etc. The main
problem with the measurements of the swimming force is the natural orientation of E. coli in the
trap. Due to a rod-shaped body, E. coli will orient along the beam propagation direction. As most
conventional methods for tracking and force measurements are performed in the radial directions,
special techniques must be used to keep bacteria in the correct orientation. These include beam-shaping
methods [170], creation of multiple optical traps [171] or trapping E. coli next to a surface to prevent
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reorientation in the trap [172]. Once trapped, the measurement of the swimming force can be performed
by calibrating the optical trap with a non-motile object using a drag force method (see Chapter 2),
and following measurements of the displacement of the swimmer in the trap. However, by using the
DFM method (see Chapter 3) one can measure the swimming force directly. Moreover, measurement
of the axial optical forces (see Chapter 4) allows us to measure the propulsion force of the E. coli in
its natural orientation in the trap. We use the optical setup with a combination of PSMD and PSD to
measure radial (x and y components) and axial (z component) forces. It has been shown that optical
trapping causes some degree of damage to the trapped E. coli at the laser wavelength of 1064nm [173].
However, the typical duration of the measurement (10s) and the optical power (< 50mW ) are too small
to cause any significant damage to the bacteria. As the swimming direction of E. coli is stochastic, it
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Figure 5.7: (a) Orientation of E. coli in an optical trap. (b) Recorded signal of the axial force acting on
a swimming E. coli (top) and non-motile E. coli (bottom).
might be hard to distinguish the changing swimming motion from the Brownian motion. Therefore,
these measurements are compared with force measurements of E. coli showing poor/non-existent
motility. The samples of E. coli (MC4100) were prepared in a buffer solution (10 mM potassium
phosphate, 0.1 mM EDTA, 85 mM potassium chloride, pH 7.0). Figure 5.7a shows the alignment of
the E. coli in the optical trap. As E. coli has a cylindrical shape, it orients along the beam propagation.
The comparison of the plots on Figure 5.7b shows a clear difference in the axial force measurements.
For the non-motile bacteria the force signal consists of Brownian motion, while for the swimming
bacteria we can see an increase in the amplitude of the measured force as the E. coli switches between
run and tumbling motion. While the E. coli is swimming, it will move out of the equilibrium position
due to the propulsion force generated by the flagella. During the tumbling phase of the motion, the
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E. coli will turn in a random direction which will create a zero motility force (on average). Thus, by
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Figure 5.8: Force histograms of the trapped non-motile (a) and swimming (b) E. coli.
building a histogram we can see two peaks in the distribution of the axial force (see Figure 5.8b). The
difference between the peaks (F = 0.29pN) corresponds to the averaged swimming force and agrees
with the values in the literature [174, 175]. For a non-motile E. coli the histogram represents a normal
distribution of the Brownian motion (Figure 5.8b). The slight asymmetry in the measurement is likely
due to the known force asymmetry for cylindrical particles [85].
5.3 Summary
In this chapter the mechanical properties of two types of biological systems are investigated with
optical tweezers: red blood cells and swimming E. coli. Firstly, optical forces have been applied to
stretch red blood cells and measure their mechanical properties. The main advantage of the direct force
measurements method for measurements of the stiffness of RBCs is that the forces can be applied
and measured directly on the cell, avoiding the use of transducers. The optical traps formed by two
beams with orthogonal linear polarisations ensure the effective filtering of one of the beams by a
polariser and thus, the correct measurement of optical force. When only comparison of the stiffnesses
is required, the optical forces can be compared directly without measurement of the length of cells.
We have performed a time course of experiments with RBCs during cold storage. We were able show
that, when separated by the morphological types, the stiffness of the RBCs remains constant (within
the error of the measurements) during cold storage. The earlier reports on increase in the stiffness
are linked to the dramatic change in the ratio of occurrence between discocytes and echinocytes. As
the blood is stored for longer periods, the number of echinocytes outweighs the number of discocytes
which is a sign of negative influence of the prolonged storage on RBCs. As echinocytes are stiffer
than discocytes, the decrease in the number of the latter effectively increases the average stiffness of
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the RBCs in the sample over time. Another sign of decreased functionality of the echinocytes is the
response to repeated mechanical stress. Based on previous works that have shown a link between the
concentration of the ATP in a cell and its stiffness, we can hypothesise that the depletion of the ATP is
responsible for the smaller increase in the stiffness of the RBCs for each subsequent stretch. However,
additional experiments are required to confirm this hypothesis.
Secondly, the propulsion force generated by E. coli is measured. The swimming forces of motile
bacteria, like E. coli , can be measured with an axial filter mask using position sensitive masked
detector. The proof-of-principle experiments show that one can measure the propulsion force of the
motile organisms using the direct force measurement method in combination with a position sensitive
masked detector. This force measurements can be performed in all three axes and thus, remove the
necessity of beam-shaping or other techniques being applied to align bacteria in the trap.

Chapter 6
Conclusions
Optical tweezers, as a versatile tool for applying and measuring forces, is widely used in different
micro- and nanosystems. The forces in optical tweezers are in the piconewton range which makes
them suitable for applications in various microscopic biological systems, such as cells and bacteria.
In this thesis force measurement techniques in optical tweezers and their applications in biological
systems are investigated.
Optical trapping is due to the optical gradient force. When an object is placed in the optical
gradient the restoring force appears as a result of a change of the momentum of the trapping light. This
restoring force pushes a trapped particle back to the equilibrium position and thus, creates an optical
trap. Optical forces can be calculated numerically using different methods and approximations which
are specific to experimental parameters of the system. Simulations of optical tweezers are important
for design of the trapping system and interpretation of experimental results. As this thesis considers
microscopic biological objects, a typical size of the trapped particles is within or greater than a trapping
wavelength. Therefore, in most situations a full-wave solution of Maxwell’s equations is required. In
the case of larger objects the geometrical optics approximation can be utilised. To perform simulations
of optical trapping freely available computational toolboxes can be used [22, 31]. However, as many
biological objects are flexible, an implementation of a toolbox for calculation of optical forces acting
on deformable particles will significantly improve our understanding of experimental outcome for
such objects.
Among the other trapping configurations, holographically controlled single- and multi-beam optical
tweezers are the best choice for microscopic biological entities, such as cells and living organisms.
Such optical systems give good dynamical control of the trap and allow application and measurement
of the forces inside biological objects.
If a trapped particle stays in a linear range of the force–position curve the measurement of the force
89
90 CHAPTER 6. CONCLUSIONS
can be performed by tracking the position of the particle. However, with the position-based approaches
a calibration for each particle in the trap is required. If the trapping beam, or the trapped particle, has
been changed a recalibration is necessary.
An alternative way of measuring optical forces is the direct force measurement method which uses
the determination of the momentum change of the trapping beam. This method requires a high-NA
objective to collect most of the scattered light. In order to measure the optical force, a detector with
appropriate intensity transfer function should be placed in a back focal plane of the condenser. While
the direct force measurement method implies calibration-free measurements, the initial calibration
of the force detector is required. It can be performed with simultaneous measurements of the optical
force (with uncalibrated force detector) and position of the particle (with a position detector or camera).
Chapter 3 describes in detail a calibration procedure for radial forces using thermal motion of the
trapped particle. The experiments show that such calibration is robust across different particles,
trapping mediums, and trapping beams. The particle can be non-spherical, birefringent, or even change
shape or size over the course of the measurements. This is a great advantage for biological systems as
often they are non-spherical and flexible objects which makes conventional position-based methods of
force measurements unpractical to use.
In the direct force measurement method a duo-lateral position sensitive detector can be used to
measure radial components of the optical force but such a detector is unable to measure axial forces.
In Chapter 4 a position sensitive masked detector (PSMD) based on digital micromirror device has
been proposed. The PSMD allows high-bandwidth detection of both radial and axial components
of the optical force. As the digital micromirror device allows dynamical control of the pattern, the
simultaneous measurements of axial and radial forces with a single PSMD are possible using a time-
sharing approach. I have shown that a combination of duo-lateral position sensitive detector and PSMD
can be used to measure the three-dimensional distribution of the forces in an optical trap.
Calibration of the axial force detector (i.e. the PSMD with a mask for axial force measurements)
is more complicated as the position of the particle along the z-axis (orthogonal to the viewing plane)
is required. However, as the digital micromirror device allows replacement of the amplitude pattern
under the same conditions, the axial calibration constant can be determined using the mask for radial
force measurements. The performance of the proposed position sensitive masked detector for the axial
optical forces measurements was estimated using the Stokes drag force acting on a trapped particle
in a fluid flow. The results show excellent linearity for the different velocities and little spread in the
measurements.
Finally, all the developments in design of the trapping system, calibration of the trap, and force
detection were applied to biological systems. The two sets of experiments include measurement of the
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mechanical properties of the human red blood cells during cold storage and measurement of the thrust
generated by a swimming E. coli bacterium.
The first set of experiments was performed on red blood cells. A dual-beam optical tweezers with
spatial light modulator for holographic control of the trap has been used to investigate the mechanical
properties of red blood cells during cold storage. The advantage of the direct force measurement
method in such systems is that the forces can be applied and measured without any force transducers
directly on the cell. The results of the time-course of experiments have shown that, when separated
by the morphological types (discocytes and echinocytes), the stiffness of the cells remains constant
during storage. The commonly observed increase in the stiffness is likely due to the change in the
ratio of occurrence between discocytes (normal cells) and echinocytes (damaged cells). For longer
storage periods the number of echinocytes greatly outweighs the number of discocytes. Moreover, the
response of the cells to a repeated mechanical stress is much lower in echinocytes which is also a sign
of degradation in functionality. This implies that changes in the stiffness and ability of the cells to
respond to the stress are directly reflected in morphological changes of the cells.
These experiments give a better understanding of the behaviour of red blood cells during their
life-cycle and storage. However, many questions about the processes in red blood cells require
additional experiments. For example, it was shown that the mechanical stiffness of the cell depends
on concentration of ATP in the cell. The measurements of the cell’s response to a stress of different
frequencies will reveal dynamical characteristics of the membrane and its link to the change in ATP
consumption rates. Moreover, the methods used for measuring stiffness in red blood cells can be
extended to other cells and tissues assuming that the optical forces are strong enough to stretch the cell
or to move a cell-cell junction.
Although the optical trapping setup satisfies all the requirements for the trapping of biological
entities, the experiments with red blood cells are very time-consuming which significantly reduces the
possible number of measurements. The implementation of a microfluidic flow chamber and automation
of a cell selection and trapping process is a possible solution.
The second set of experiments was devoted to the measurement of the thrust generated by a
swimming E. coli. A common complication with the measurements of the E. coli propulsion force is
the orientation of the bacterium in the trap. As E. coli is a cylindrically shaped bacterium, it orients
along the beam propagation axis and often either a beam shaping technique or trapping next to a
surface is required to perform measurements. However, the propulsion force can be measured directly
in the natural orientation of E. coli in the trap using the position sensitive masked detector. While this
proof-of-principle experiment shows the ability of the PSMD to provide axial force measurements,
it is not limited to E. coli and can be performed on other swimmers, e.g., sperms. Of course, further
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experiments with biological swimmers are required and will help to answer many important questions
on the hydrodynamics of flagellar motion and the operating principles of the molecular motors which
move life.
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